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Chapter 1

Introduction

Neutrinos are among the most mysterious particles we know. One strange property is flavor oscillation
first proposed in the late 1950s by Pontecorvo [1]. However, the neutrino community only became
aware of it when the solar neutrino problem arose. The first experiment that observed neutrino os-
cillations was the Homestake experiment [2]. Later on, experiments investigated the properties of
oscillating neutrinos. Finally the SNO experiment delivers a direct evidence for the neutrino oscil-
lations in the year 2002 [3]. The experiments were used to measure parameters such as the squared
mass splitting between the different mass eigenstates of neutrinos. The experiments were not able to
determine the sign of the mass splitting, and therefore it is not clear how the states are ordered.
Recently a measurement of the mixing angle Θ13 yielded a surprisingly big value [4]. This leads to a
measurable difference in the oscillating properties of neutrinos in matter for different mass hierarchies.
In the different cases different numbers of neutrinos can be detected. Counting the neutrinos one can
decide which hierarchy is the correct one. [5]
A feasibility study for an experiment aiming at the determination of the mass hierarchy has been ini-
tiated. It is called "Oscillation Research with Cosmics in the Abyss" (ORCA). The ORCA-detector is
to be built with the same technology as KM3NeT, the future cubic kilometer sized neutrino telescope
in the Mediterranean Sea [6].
On the one hand, one can use atmospheric neutrinos for the experiment. On the other hand, there are
considerations about a so-called beam option. In this case the electrons are created in a man-made
accelerator pointing its neutrino beam to the detector. All options have the same detection principle.
They use the products of the interaction between neutrinos and particles in the detector, which partly
emit Cherenkov light or decay to photons. The Cherenkov light is used to reconstruct the parameters
of the trajectory of the incoming neutrinos.
The main challenges are the low statistics in the regarded energy regime due to the low cross section
of neutrinos. Furthermore the detector has to reach a good angular and energy resolution, because the
effects of different mass hierarchies are visible with respect to the zenith angle and the energy of the
incoming neutrinos.
The challenge in this thesis is to deal with the appearance of different kinds of neutrino events in the
detector, as the experimental design is aimed measure muon neutrinos in the charged current interac-
tion channel. Other events diminish the discrimination power for the mass hierarchy [7]. The algo-
rithms developed in this thesis try to distinguish between track-like and shower-like events. Track-like
events are the charged current events caused by muon neutrinos and shower-like events are caused by
electron neutrinos in charged current or all neutrino flavors in neutral current interactions.
The thesis is structured in the following way. In Chapter 2 properties of neutrinos, like oscillation
and the detection principle are introduced. Chapter 3 introduces the detector principle.Chapter 4 is
about the different possibilities of neutrino mass hierarchies. Additionally, the chapter shows how
it is possible to decide which hierarchy is the correct one. The main part of this thesis is Chapter 5
describing the methods to distinguish track-like and shower-like events.
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Chapter 2

Neutrino Physics

2.1 Current Knowledge
In quantum field theory the description of particles and their interaction is achieved with a Lagrangian.
The Lagrangian of one single neutrino is written as follows [8]:

L ⊂ ναLı/∂ναL︸   ︷︷   ︸
kinetic term

+
g
√

2
(Wµ†ναLγµlαL + h.c.)︸                         ︷︷                         ︸

charged current

+
g

1 sinΘW
(ZµναLγµναL + h.c)︸                              ︷︷                              ︸
neutral current︸                                                                   ︷︷                                                                   ︸

interaction term

+
1
2

mαβναL
CνβL + h.c.︸                  ︷︷                  ︸

mass term

(2.1)

The most interesting parts are the kinetic part, interaction part and the mass term. The kinetic part
shows the free propagation of neutrinos. Interaction with other particles is described in the interaction
term. The mass is introduced in the mass term. In the shown equation there is the Dirac mass term
stated. An other possibility or an additional term could be the Majorana mass term. This term would
lead to the identity of the neutrino to its antineutrino. Further, an additional mass term leads with the
seasaw mechanism to an explanation of the tiny mass of neutrinos.[8]
For calculations concerning the oscillations the mixing matrix is needed. It is the transformation
matrix to diagonalize the mass matrix mαβ. The Matrix is commonly defined as:

UPNMS =

1 0 0
0 c23 s23

0 −s23 c23

 ·
 c13 0 s13e−ıδ

0 1 0
−s13e−ıδ 0 c13

 ·
 c12 s12 0
−s12 c12 0

0 0 1

 (2.2)

with si j = sinΘi j and ci j = cosΘi j. This matrix is the simplest form of a unitary matrix with a phase
factor δ [8]. One sees that there are four oscillation parameters to describe the oscillation. θi j is called
the mixing angle.
Table 2.1 shows the current values for each neutrino parameter. Additionally to the oscillation param-
eters there is also the mass of neutrinos which is not known till now. The mass differences are known
very well except of the sign of the atmospheric mass difference.
Neutrino mixing angles are also known, but the CP violating phase is not.

2.2 Neutrino Mass Hierarchy
The project ORCA is supposed to solve the question, if nature realizes the normal or the inverted mass
hierarchy. Figure 2.1 shows the two possibilities. The squared masses are sketched on the y-axis. The
value and sign of the smaller squared mass difference is known from solar neutrino experiments like
Kamland [10]. The value of ∆m2

13 is known from these experiments, too. The knowledge about
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6 2. Neutrino Physics

Table 2.1: Best fit values of neutrino oscillation parameters with the 1sigma range taken from [9] (where
∆m ≡ m23 − (m21 + m22)/2)

Parameter Best fit 1σ range
δm2

12/105eV2 (NH or IH) 7.54 7.32 7.80
sin2(θ12)/101(NH or IH) 3.07 2.91 3.25
∆m2/103eV2 (NH) 2.43 2.33 2.49
∆m2/103eV2 (IH) 2.42 2.31 2.49

sin2(Θ13)/102(NH) 2.41 2.16 2.66
sin2Θ13/102(IH) 2.44 2.19 2.67

sin2Θ23/101 (NH) 3.86 3.65 4.10
sin2Θ23/101(IH) 3.92 3.70 4.31
δ/π/(NH) 1.08 0.77 1.36
δ/π(IH) 1.09 0.83 1.47

the bigger squared mass difference comes from experiments using the muon neutrino (µν) survival
probability like Super-Kamiokande 1 [11]. They are only sensitive to the absolute value of ∆m2

13.
Further dependencies are suppressed [12]. As the sign of ∆m2

12 is the only known one, two possible
hierarchies are left.
Which hierarchy is the correct one is not predicted by any theoretical approach. Grand unified the-
ories would favor the normal mass hierarchy as they claim an underlying relationship to the quark
sector[13]. On the other hand, there is no excluding reason for the inverted mass hierarchy. The recent

Figure 2.1: Possible neutrino mass hierarchies [12]

measurement for the surprisingly large value of Θ13 [4] leads to the possibility of using atmospheric
neutrinos to determine the mass hierarchy [5]. This alternative is less expensive and time-consuming
than other experiments expecting results not earlier than 2025.

2.3 Neutrino Production and Fluxes in the Atmosphere
Most probably the proposed ORCA experiment will use atmospheric neutrinos. In many other experi-
ments in the past these neutrinos were regarded as unwanted background, which has to be suppressed.
Atmospheric neutrinos are created by cosmic rays in the atmosphere. Cosmic rays are mainly protons
and a few heavier nuclei. For cosmic rays the energy distribution is well-known, which is important
for the calculation of neutrino fluxes. The cosmic particles collide with nuclei in the atmosphere. This
interaction inevitably creates pions. These pions decay to muons and muon neutrinos as described in
the following:
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π+ → µ+ + νµ (2.3)

and
π− → µ− + ν̄µ. (2.4)

The higher the energies the more kaons contribute to the production of neutrinos and muons, too. The
produced muons decay further to electrons and neutrinos:

µ+ → e+ + νe + ν̄µ (2.5)

and
µ− → e− + ν̄e + νµ. (2.6)

As one can see from the multiplicities in the equations 2.3 to 2.6 the flavor ratio results in

Φνµ + Φν̄µ

Φνe + Φν̄e
= 2, (2.7)

if all muons decay. As the proportion of muons decaying until they reach the detector decreases with
increasing energy the flavor ration decreases [8]. In ORCA, commonly the HKKM’11 flux is used. It
is not explicitly calculated for any possible ORCA sites, but for the Frejus site [14].

2.4 Neutrino Oscillations
Neutrino oscillations came into mind as there was the solar neutrino problem. Several neutrino exper-
iments counted less neutrinos produced by the sun as expected. One experiment to be mentioned here
is the Homestake experiment [2]. However, Pontecorvo predicted the possibility of neutrino oscilla-
tions before these experiments [15]. The standard derivation of neutrino oscillations was developed in
1975-76. The derivation uses the plane-wave approximation. The following explanation follows the
description of [8]. First the oscillations in vacuum will be derived, afterwards the modified equations
for the matter case will be motivated.

2.4.1 Neutrino Oscillations in Vacuum

Neutrinos are produced in charged current events, as can be seen in the corresponding Lagrangian in
equation 2.1. That means it is created by a weak-interaction process involving a charged lepton like
it was written in Chapter 2.3. The neutrino in a flavor state can be described by the mass eigenstates
with

να =
∑

k

U∗αk|νk⟩ (2.8)

with α ∈ {e, µ, τ} and k the index of the massive neutrino. U is the unitary mixing matrix. The other
way round, the neutrino in the mass basis is given as

νk =
∑

k

Uαk|να⟩. (2.9)

We are now considering the time-evolution of the neutrinos. The massive neutrinos are eigenstates of
the Hamiltonian with the energy as eigenvalue

H |νk⟩ = Ek|νk⟩. (2.10)
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The energy of any massive particle and here of the massive neutrino is given by

Ek =

√
p2

k + m2
k , (2.11)

where the units are chosen so that for the speed of light yields c = 1.
The solution of the Schrödinger equation

ı
d
dt
|νk(t)⟩ =H |νk⟩ (2.12)

is given by

|ν⟩ = e−ıEkt|νk⟩. (2.13)

Resulting in the equation of motion for a neutrino started with flavor α

|να(t)⟩ =
∑

(β=e,µ,τ)

∑
k

U∗αke
−ıEktU∗βk

 |νβ⟩. (2.14)

The quantum mechanical transition amplitude from one state to another is defined as

Aνα→νβ(t) = ⟨νβ|να(t)⟩ (2.15)

resulting in the probability of the transition from να to νβ

Pνα→νβ(t) = |Aνα→νβ(t)|2 =
∑
k, j

U∗αkUβkUα jU∗β je
−ı(Ek−E j)t (2.16)

For antimatter one has to substitute the matrix entries by their complex conjugated ones.
With ultra relativistic neutrinos this equation and the energy relation 2.11 with its expansion leads to

Pνα→νβ(t) =
∑
k, j

U∗αkUβkUα jU∗β je
−ı
∆m2

k j
2E t (2.17)

As the neutrinos are ultra relativistic the substitution L = t is useful, where L is the distance from the
starting point.
Further, one defines the oscillation length

Losc
k j B

2πE
∆m2

k j

. (2.18)

After propagating for one oscillation length the phase of the probability is accumulated to 2π. So the
probability is back to the starting value. At half of the oscillation length the largest effect is expected.
Here one would install a detector, if you have the source located on a defined place.
Several assumptions were taken into account for this derivation. First of all it is assumed that neutrinos
are produced in flavor eigenstates, e.g. no mixing in flavor states as it will occur during propagation.
Further all massive components of the neutrinos have the same momentum. Finally the approximation
L = t is used. This assumption is justified as the neutrinos can be assumed as wave packets. But in the
consideration of a plane wave this approximation is not justified as a plane wave does not propagate
like a light ray, but the plane wave covers the whole space-time. [8]
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Figure 2.2: Oscillation diagram [16]

x

νx

x

νx

Figure 2.3: Neutral current for all flavors

e

νe e

νe

Figure 2.4: possible "Neutral" charged current for
electron neutrinos

2.4.2 Neutrino Oscillations in Matter

Additionally, to the effects in vacuum, matter causes more oscillations. Coherent forward scattering
leads to an additional potential for neutrinos, especially for electron neutrinos. That electron neutri-
nos are affected more than the others is caused by different possible interactions leading to coherent
forward scattering.
For all flavors it is done by neutral current interaction with the exchange of a Z-boson. This reaction
is sketched in Figure 2.3. In the case of electron neutrinos additionally the charged current interaction
contributes to scattering. The reaction is shown in figure 2.4. The electron neutrino can scatter on
other electrons while changing the electron to an electron neutrino and the other way round for the
neutrino itself. In the final state the electron and electron neutrino have the same properties as the
corresponding particles before the interaction.
This additional potential leads to an effective Hamiltonian shown in the flavor basis as

HF = (
1

2E
(UM2U∗ + A) (2.19)

with
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M2 =

0 0 0
0 ∆m2

21 0
0 0 ∆m2

31

 (2.20)

and

M2 =

ACC 0 0
0 0 0
0 0 0

 (2.21)

where ACC = 2
√

2EGF Ne. GF is the Fermi coupling constant and Ne is the electron density in the
matter. The positive sign is used for neutrinos and the negative sign for anti neutrinos.
This Hamiltonian is neither diagonal in the flavor basis nor in massive neutrino basis. However the
effective Hamiltonian can be diagonalized resulting in effective masses and effective mixing angles.
They are subscripted by a m in the following. To make some effects plausible and for simplification
the next equations are shown for the two-neutrino case. The two flavor case leads to almost the same
results as the full case. The resulting mixing angle is given by

tan 2θm +
tan 2θ

1 − ACC
∆m2 cos 2θ

(2.22)

As can be seen easily, there is a resonance at AR
CC = ∆m2 cos 2Θ. So even small mixing angles become

big if one can setup the resonance environment. This leads to the resonance condition of

NR
e =
∆m2 cos 2θ

2
√

2EGF

and ER =
∆m2 cos 2θ

2
√

2GF Ne

. (2.23)

In different mass hierarchies the resonance can be full filled for either neutrinos or antineutrinos as
otherwise the sign of ∆m2 implies negative electron densities and energies, which is of course not
possible.
For the final probability one gets

Pνe→νµ(x) = sin2 2ΘM sin2 ∆m2
ML

4E
., (2.24)

In the mantle and the core of the earth there are electron densities of 2cm−3 · NA to 5cm−3 · NA causing
a resonance energy of 3 to 10 GeV [17]. This region is the most interesting as the best oscillation
pattern can be expected.

2.4.3 Set-ups of Oscillation Experiments
According to the different oscillation regimes, e.g. fraction of energy over propagation length and
different types of oscillation properties there are several types of experimental set-ups.
First, oscillation leads to two different possibilities of investigations. On the one hand one deals with
the disappearance of neutrinos. So neutrinos of one flavor starting started at the production site do not
reach the detector due to oscillations. Here one has to measure the difference in the amount of starting
neutrinos to detected neutrinos. If the number of vanishing neutrinos is very low with respect to the
number of starting ones, low statistics can diminish the effect. So large probabilities are forwarded by
this experimental setup. If one is interested in properties causing lower oscillation probabilities the
other way round is favored. Experiments dealing with the appearance of neutrinos which were not
sent by the initial source are more robust to statistics. The amount of expected neutrinos compared to
the number of neutrinos without any oscillation can be determined, even if there is some background.
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Experiments are named according their ratio of propagation length to neutrino energy [8] as this places
the experiments according to equation 2.17 in certain regions in the oscillation diagram (Figure 2.2).
First there are Short Baseline experiments with L/E up to 1km/GeV, which are for example reactor
neutrinos detected next to the production site. Experiments with a ratio up to 104km/GeV are called
Long Baseline experiments. The atmospheric neutrino oscillation experiments like ORCA are Long
Baseline experiments with energies up to 30 GeV and distances up to 1.3 · 104km for neutrinos from
the nadir.
Experiments with even higher ratios are called Very Long Baseline experiments like set-ups for solar
neutrino experiments.
In experiments with artificial neutrino sources the production is quite similar to the production as
stated in Chapter 2.3. Heavy particles like protons are accelerated onto a target in which they collide
with other matter and produce muons and pions for example. Amongst others these particles decay
to neutrinos. As the neutrinos are produced by protons out of a man made accelerator they are called
accelerator neutrinos. Additionally, there are reactor neutrinos produced by the beta decay of heavy
nuclei.
According, the wished output energy and fraction of neutrino flavors one has to choose the proper
setting.

2.5 Neutrino Detection
The neutrinos produced in the earth’s atmosphere on the opposite side of the earth travel through the
earth to the detector. As the neutrinos are only interacting via the weak interaction and the gravita-
tional force they cannot be detected directly. Previously they have to interact with other particles and
produce secondary particles. Detecting these additional particles reconstructing the properties of the
incoming neutrino is possible. One distinguishes two channels of interactions. If the neutrino interacts
with other particles so that it changes to a charged lepton the event is called a charged current event.
The exchange particle is the W boson. On the flip side there are the neutral current events. These are
events, in which the neutrino scatters on the other particle. The different interaction channels can be
seen in the Feynman graph in figure 2.7 and 2.6.
In both channels the neutrino can transmit energy to the collision partner. Commonly one defines
Bjorken-y as the fractional energy loss of the incoming particle. So in this case y is defined as

y B
E − E∗

E
(2.25)

where E is the energy of the incoming neutrino and E∗ is the energy of the outgoing lepton or neutrino.
The Bjorken-y is not fixed so it is different for each event. Only the mean value can be derived. It is
different for neutrinos and antineutrinos. The mean value of Bjorken-y for different energies is shown
in figure 2.5
The energy transfered to the collision partner leads to reactions. This can lead to a shower of particles.
These particles can be charged so that they can detected by ionization or radiation. An other possibility
is that they are neutral. These particles only deliver a signal if they interact in a suitable way. If the
secondary particles emit some radiation, mostly Cherenkov radiation, one can detect the emitted
photons by photomultipliers. To get a lot of information about one event the photomultipliers are
arranged in a three dimensional grid with an energy dependent spacing.
As you can see in figure 2.9 and 2.8 the different neutrino flavors lead to different signatures in the
detector. On the left side the neutral current events cause an event with a shower as the only visible
part. In the charged current interaction cahnnel the produced lepton emits Cherenkov radiation. The
differences between the flavors are in the length of the track of the lepton. The lepton has a certain
life time and free path length. That means the lepton decays to other particles after a while. Or the
other possibility to stop the lepton is to collide with particles in the detector.
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Figure 2.5: Mean Value of Bjorken-y over the neutrino energy [18]

Z

νl

S hower

l

Figure 2.6: Charged Current(l ∈ {e, µ, τ})

Z

νl S hower

νl

Figure 2.7: Neutral Current

Figure 2.8: shower-like muon neutrino event in neu-
tral current (green : fired DOMs, blue: interaction
Vertex, black: track with distance 5 m)
Eν = 14.9 and y = 0.03

Figure 2.9: track-like muon neutrino event in
charged current
Eν = 21.0 and y = 0.33

One can distinguish mainly two different types of events. The track-like events and the shower-like
events. The track-like events are the events with an out going lepton which travels in a longer straight
line. These are the charged current events with muon neutrinos. The others are shower like events, as
they have shorter tracks of the out going lepton or no lepton at all.
As one can easily assume also the electron and tauon can make a track, which is similar to the muon.
Figure 2.9 shows a typical muon neutrino event. The event has a big ratio of muon energy to shower
energy. Resulting in a distribution of fired PMTs which is arranged more line shaped. Next to it, the
shower event of the neutral current is shown. The distribution of fired PMTs is much more spherical.
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That is one of the main problems the classification algorithm deals with in Chapter 5.2. The other part
emitting light is the shower. These showers are very diverse. There are many possible compositions
of particles building the shower. Also in that part particles can imitate a long track like the muon.

2.6 Neutrino Cross Sections
To calculate the number of neutrinos which can be registered in the detector the cross sections have
to be estimated. The Paper [19] gives a summery over all energy regimes. In ORCA the intermediate
energy range from 0.1 GeV to 20 GeV is of interest.
In this energy regime three major processes play a role in scattering. In regimes lower than 1GeV, the
elastic or quasi-elastic scattering (QE) are the most dominant contribution. Here the neutrino interacts
with a nucleon as one entire particle.
Additionally the neutrinos can do resonance production (RES) in which the interacting nucleon is set
to a baryonic resonance. This resonance leads in the evolution of the event to the production of more
nucleons and mesons.
As the energy becomes higher the neutrino can resolve the constituents of the nucleon. This process
is called deep inelastic scattering (DIS). The interaction starts an hadronic shower.
Figure 2.10 shows the dependency of the cross section to the energy for neutrinos.

Figure 2.10: Cross section of neutrinos in the regime of GeV. Data points show the results of various experi-
ments. Figure taken from [19]



Chapter 3

ORCA Detector

The last chapters explained the properties of neutrinos and the constituents of the neutrino events
which a detector has to measure. At first, there are the photons which have to be detected. Further,
the time and the place of detection has to be stored. Such detectors are already in use. ANTARES
in the Mediterranean Sea is one of these. Mainly, such detectors consist of many photomultipliers
arranged as a three dimensional grid. ORCA will be built in a similar way, which is described in this
chapter.
The light of the neutrino events has to be collected. The best way to do this is by photomultipliers.
They are sensitive to single photons. Additionally, the properties are well known and tested as they are
used in many other experiments in particle physics. As there is a neutrino telescope in development,
called KM3NeT, ORCA make profit from this expertise and preparatory work. One can use the same
technical devices or even use the first phase of KM3NeT to deploy the digital optical modules in an
ORCA-like way. So all infrastructure, like data taking, which is built for KM3NeT can also be used
in a similar way in ORCA.

Figure 3.1: KM3NeT Digital Optical Module [20]

One Digital Optical Module (DOM) as it is used in KM3NeT is shown in figure 3.1. If the reader
is interested in more details about the optical module, please refer to [21]. These optical modules
consist out of a 17-inch glass sphere. In the inner part there are 31 3" photomultiplier (PMT). To
increase the optically sensitive area lenses are placed in front of the PMTs. Further there are so-called
Winston cones, which increase the detector sensitivity. The cones surround the PMTs collect photons
which other wise would miss the PMT [22]. Additionally, the light transmission is maximized using
an optical gel between the PMT and the glass sphere. The DOM itself is fixed on a string. The string
is also the connection to the shore to supply the module with energy and send the data to shore. The
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whole detector has to be placed in the deep see because as much light as possible has to be blocked
before reaching the detector. Additionally, other particles than neutrinos are supposed to be shielded
as well as possible. The optical modules are supposed to be placed in a vertical spacing of around six
meters. The horizontal distance can be around 20m. This leads to an instrumented mass of 1. 75 Mton
with a height of 114 m and a diameter of 140 m. A closer detector is under investigation. The closer
the detector the better the reconstruction algorithms can work, because more light can be collected.
An even more weighting reason is that events with small energies do not have such long tracks. If one
tries to resolve a track it has to be in the size of the distance of two DOMs. As the track length is about
4m/GeV the considerations to make the detector as dense as possible is justified. On the other side
there are problems with the deployment if the strings get too close. The modules are not constructed
in a way that they can collide with each other. The footprint of the current reference design is shown
in figure 3.2. The detector could consist of 50 strings with 20 DOMs on each.[23] The layout has no
symmetries in it to avoid any effects in reconstruction which comes from symmetries in the detector
layout.

Figure 3.2: Footprint of ORCA-Detector

There are currents in the sea and the DOMs will wobble around their mean position. First of all,
this explains why it is not possible to place the modules with arbitrary small distances at all. For the
reconstruction algorithms the knowledge of the current position of all DOMs is essential (see Chapter
5). Positioning is achieved by acoustical devices, tilt meters and compasses. [21]
As described, daylight from above does not reach the detector. Nevertheless, there is light disturbing
the measurement. One of the main background sources is the decay of 40K, which emits photons in the
same wavelength as we are interested in from the products of the neutrino interaction. Further, there
is bioluminescence from bacteria or bigger organisms. Up to a certain rate algorithms can handle the
background, however the whole data taking has to be stopped or the data cannot been used as the
data is dominated by these photons. Often high rates caused by bioluminescence are correlated withs
effects or currents in the sea. [24]



Chapter 4

Determination of the Neutrino Mass
Hierarchy with ORCA

The determination of the mass hierarchy is achieved by using oscillation properties in matter as de-
scribed in Chapter 2.4. Combined with the knowledge about the flux of atmospheric neutrinos at the
detector site (Chapter 2.3) and the cross section of neutrinos with matter in the detector (Chapter 2.6)
it is possible to estimate the expected number of detected neutrinos. As there are different numbers
for the different mass hierarchies, a log-likelihood ratio test can be used to take the decision about the
mass hierarchies.
Figure 4.1 shows the asymmetry between the different hierarchies. Here the asymmetry is defined as
the difference of both rates nomralized to the rate of the normal hierarchy.

N IH
µ − NNH

µ

(NNH
µ )1/2 (4.1)

The calculation was done by [25] according to [5]. The flux depends on the zenith angle and the
energy. The biggest differences in the expected flux are located at the energy regime up to 8 GeV and
at the cosine of the zenith angle regime from -1 to 0.7. Most of the information can be gained out of
this region.

Figure 4.1: Statistical asymmetry between NH and IH for ORCA after 1 year of exposure [25]

Once there is data, one can calculate the log-likelihood in each bin:
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λ(data|MH) = log(L(data|MH)) =
∑

i

log(LMH
i (ki|µMH

i )), (4.2)

Comparing both hierarchies the log-likelihood ratio is defined as

ρ(data) =
λ(data|NH)
λ(data|IH)

(4.3)

is used.

Figure 4.2: Log-likelihood ratio distribution (10,000 pseudo-experiments) for NH and IH [25]

The final step to be able to give a quantitative statement of how probable one mass hierarchy is the log-
likelihood distribution. The distribution is shown in figure 4.2. It is made out of the result of pseudo
experiments. The number of detected neutrinos is drawn from a Poisson distribution. Afterwards the
log-likelihood ratio is calculated. One can see that both distributions are overlapping. So it cannot be
stated which hierarchy is the underlying one, if one gets a certain log-likelihood ratio. The mid-part
stands for the case, in which one cannot make a decision on a 5σ confidence level.[25] That means
that one cannot excludeone mass hierarchy with this confidence level.



Chapter 5

Event Reconstruction in the ORCA Detector

In the last years, many reconstruction algorithms were devised to extract information about the topol-
ogy of a neutrino. In the moment, a very encouraging approach for the reconstruction of muon tracks
in ORCA is the so called filtering fit approach, which will be explained later. Beyond the reconstruc-
tion of tracks efforts were taken to handle also shower events, even if the reconstruction accuracy did
not reach the accuracy of track events, as expected by the intrinsic variations in light output. In events
highly dominated by the emission of a muon the direction can be well reconstructed, but events with
many different charged and uncharged particles are not so easy to reconstruct.

5.1 Simulations
In this thesis two different samples of simulated events are used. The first sample was employed to see
if the classifying algorithms work in the first place. That sample is generated without any simulated
noise on the photo multipliers. This setup leads to the best possible reconstruction result that one
can obtain. Most results shown in the following are generated from the sample with noise as this is
the most interesting and clos to the real case. All samples are produced with the Genie (Generates
Events for Neutrino Interaction Experiments) event generator [26]. This generator is currently used
by several neutrino experiments like T2K, NOvA and MINERvA.

Premium Events

The sample with which most of the studies were done are the so called premium events. They were
proposed by Jannik Hofestädt. The aim is to have as many useful events as possible in one file set.
The premium events are defined as such events so that nearly all light is contained in the detector.
This is the optimal case one can achieve for one event as all information that the reaction leaves in
the detector is detectable and can be used for the identification of the event class. The advantages of
these premium events are that all events which are simulated are useful. The next topic is to be free
of any edge effects. That means in principle one can study an infinite detector. And thus it is possible
to resize the sensitivity calculations to an other detector.
The used events are taken from the June 2013 production of the Catania group. The events are
generated with the Genie event generator which is optimized for the low energy regime. They are
randomized to events which satisfy the premium event conditions. That means the interaction vertex
is uniformly distributed around the center of the detector and the track direction is pointing towards
the center. As the weights of the initial events are no longer true they are left out of consideration.
The energy range is set to 1 GeV to 30 GeV. The under lying energy distribution is an E−1 flux.
The detector response to these events is calculated by the packages km3v4r5 and geasimv4r13seawiet_
gtelec. The SHOT value is set to 10 GeV, that means that particles above this threshold are treated
with a full simulation. Other particles are simulated by using histograms for the light output. The first
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is responsible for the simulation of the muon. The latter simulates the electro magnetic and hadronic
showers. There are two types of simulation in this package. On the one side each particle is propa-
gated until it falls under a given energy threshold. On the other side, one can use a parametrization
where the light distributions is taken from pre defined distributions. The second method is much faster
as the particles are not simulated in such a detailed way.
Finally, the K40 noise is added with the modk40seawiet_gtelec.
It can be seen in figures in the appendix that the electron neutrino events and the muon neutrino
events in the neutral current interaction look almost the same. So there are no events used for electron
neutrino events of this type of reactions. In contrast, electron neutrinos in the charged current chan-
nel have to be taken into account as their topology is somewhere inbetween charged current muon
neutrinos and neutral current events.. Table 5.1 shows the number of events for each class. Further,
distributions other than the event numbers can be found in the appendix.

Table 5.1: Number of premium events in each class which can be used for training and testing
Muon charged current 410000
Muon neutral current 180000

Electron charged current 210000

Physical Events

For algorithm tests under best conditions, where only information from the interaction is to be used,
one can also resort to the so called physical events. In these events there is no noise included. The
advantages are that the energy and angular distribution is like what it is expected in the experiment.
The problem with these events is that one does not know exactly if all light is contained even if one
takes an event selector to be sure the Monte Carlo vertex is in the fiducial volume of the detector. This
means that the distance of an interaction vertex in the xy-plane to the center and the vertical distance
to the center are less than 50 m. So most of the calculations are done with the premium events instead
of the physical events. The physical events are used to show that the noise has some influence on the
resulting performance of the detector.
Table 5.2 shows the number of events after all selection algorithms which were used for the calcula-
tions.

Table 5.2: Number of physical events in each class which can be used for training and testing
νµ charged current 30000
νµ neutral current 15000

νe 2500

5.2 Identification of shower-like and track-like event signatures
As the electron neutrinos and muon neutrinos oscillate with different probabilities and a contamination
of electron neutrinos contradicts the measurement of the mass hierarchy, the identification of event
types is necessary. The following chapter deals with the principles of event separation followed by
the application to the current problem. Further algorithms of separation are introduced and compared.

5.2.1 Basic Ideas of Identification
In an experiment there are many events. They can be classified into different classes. In our case there
are two groups, the track-like events and the shower like events. As depicted in Chapter 2.5 they differ
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in their appearance. The goal of separation is to look for quantities describing properties of events in
which they are different. The quantities are called features in the following .
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Figure 5.1: Distribution of the QStrategy-Qualityparameter in Premium-Events

Figure 5.1 shows the distribution of one feature. For the histogram the feature was calculated for
many events. The green line stands for the track-like events and the black one for shower-like events.
Here one can see that a decision applied to one event can only be correct up to a certain accuracy
as the distributions can overlap. In this easy example a rule of decision could be to take a value c.
Consequently, each event with feature greater than c is seen as class 1 and otherwise the event is seen
as class 0.
As one can see, the separation due to this single value is not so good and there might be better ways
to identify the events, and therefore multi-variate analysis have been developed. All algorithms have
in common to optimize many cuts on many features. They can be linear or non linear. This thesis
deals with one possibility called the random decision forest. As it was stated in [27] RDFs are quite
stable and leads to the best identification results in event classification as it is necessary in neutrino
detectors.

5.2.2 Random Decision Forests
In the last chapter the basics of a separation were explained. In the last years one algorithm has
become more and more popular: the random decision forest. For example it is used in the event
classification of ANTARES [27]. In this thesis the same program package is used.
The forest consists out of many trees leading individually to a separation. However the final step is
achieved by making a majority decision of all these trees. Here the majority is not only a single more
than 50% question, but the number of trees voting for one case can be a priori chosen arbitrarily as
majority. How the trees and forests work in detail is explained in this chapter.
Figure 5.2 shows a tree in the sense of a decision tree. A tree consists of several nodes. In the figure
they are symbolized as ellipses. The node at the top side is the root. Each node has some children, the
next nodes downwards in the tree. Here there are only two children as there is only a binary decision,
track-like or shower-like. But every node is connected to one node before, only. The step from one
higher to one lower node represents a decision.
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node node
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Figure 5.2: One possible decision tree

In the classifying phase every event is pushed through the tree. On each node there is a decision and
the event is pushed to the one child or the other according to the result of the decision. So the event is
classified as more track-like or more shower-like.
The decision process is repeated until the event reaches a leaf, a node without children. The classifica-
tion is finished at this point. The event is either classified to one class or there is a distinct probability
for both classes at each transition from one node to the other there is a decision. How is it possible
to find a good decision? First of all, what is done in a decision? In the trees of the random decision
forest from [27] a decision makes a cut in one feature. The cut is chosen so that it maximizes the
purity or the impurity. The definition

i(N) = P(ω1) · P(ω2) (5.1)

is useful. Here P(ωi) is the fraction of events of the class i found in the next node. The Gini impurity
for multiple class problems defined as

i(N) =
∑
i, j

P(ωi) · P(ω j) (5.2)

can be reduced to equation 5.1 for a binary case. The definitions were originally taken from [28].
A major disadvantage of single trees is the low ability to generalize the trained tree. That means to
be able to do not only reproduce the features in the training sample. As over-trained trees lead to
a reproduction of the training sample. Several methods are proposed to improve the performance.
Boosted decision trees are one example. Here one tree is trained more than once. After train one tree
the next tree is trained with weighted events. Badly classified events get a higher weight than well
classified ones. More iterations are done [29].
In this thesis the approach of random decision forests is used. It works with many trees, too. They
are trained simultaneously. Instead of using all features at once for each tree a predefined fraction of
features and events is taken. Finally the classification is done by a majority decision of the trees.
A possibility to steer the purity and classification rate is to define other cuts than a 50% majority. (see
Chapter 5.4)
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5.2.3 Investigation of discriminating Features
The last chapters showed that one should look for features able to distinguish between shower-like and
track-like events. In the following chapter the used features are listed and explained how they work.
Additionally and more interesting, the chapter tells why they are useful for a separation algorithm.
The features are listed in the order of most impact to the decision. How the impact is measured is
described in Chapter 5.3.
There are three different types of plots in the following chapter. One can see them in figure 5.2.3.
They have all in common to show the differences of the features according to shower-like and track-
like events. At first the energy integrated distributions are the easiest ones. The big drawback for
this lies in the inhomogenous distribution of events with respect to the energy, as it is in the real
experiment. So the events are weighted according to the appearance in the training files and as one
can see in the distributions of event numbers it is an E−2-distribution. Consequently the histogram
is dominated by low energy events. We will see these events are the worst ones. As long as there is
no adequate weighting of the events this method can be a first hint of any differences. A better way
to investigate the distribution is the energy resolved distribution. This distribution bins the events in
groups of a small energy range to reduce inhomogeneities within the ranges. So for every energy bin
the distribution can be seen in the middle figure. The events are binned with a width of 1 GeV around
the integer values. As the human eye cannot resolve such a diagram with much information in it, the
third graph is introduced. Here one sees the median of each distribution in the bin. Further the error
bar state the 15% and 85% quantiles.
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Figure 5.3: different types of plots to investigate the feature distributions

Quality Parameter of QStrategy

The QStrategy was introduced by Hasankiadeh [30] in ANTARES. It was used to reconstruct shower-
like events. The strategy consists of two iterations of reconstruction separated by a hit selection. First,
the reconstruction consists of solving an over-constrained set of equations. For a perfect shower the
time difference between expected and measured time ∆T , called time-residual, yields

∆T =
n
c
|−→r s − −→r i| + (ts − ti) = 0, (5.3)

where the index s indicates the value of the shower vertex, which is to be estimated and i the values
of one hit.
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Further, the result of the first step is used as seed in the next step, a so-called M-estimator fit. In
principle it tries to minimize the sum of all time-residuals. With a suitable function of time residual
the effect of outliers can be reduced. [31]
The estimator is defined as follows

M =
1
N

N∑
i

2 ∗
√

1 +
(∆T )2

2 ∗ σ2 + 2. (5.4)

Here N is the number of hits used for the calculation. The expected time is calculated assuming
the photons coming directly out of the reconstructed vertex and travel with the speed of light to the
detection point. So no scattering is taken into account. σ is originally the time resolution of an
ANTARES PMT. Here that value is not so important as it only scales the quality parameter. The
strategy delivers the final value of M as a quality parameter judging how well the hits fit to a perfect
shower.
The minimum is 4 if ∆T equals 0, which equals to a perfect shower-like event. The higher the value
the less the event looks like a shower.
The finite range of the feature makes it possible to find a value for non reconstructed events. In these
events the observable is set to -1, arbitrarily. Non reconstructed events are caused by non converging
algorithms in the QStrategy.
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Figure 5.4: energy integrated distribution of the quality parameter of QStartegy

Figure 5.4 shows the distribution of the feature. The curve of shower-like events concentrates nearer
to the 4 than the curve for track-like events, as expected. Considering the figure a good separation
due to this observable is expected. Further in this thesis the QStrategy takes a high rank among the
features.
Figure 5.5 shows the distribution in the energy distributed way. As stated above it shows that the
discrimination power increases with energy, because more and more energy can be transfered to the
outgoing muon. The muon then goes on a longer track which can be identified by the feature.
If the QStrategy is useful also depends on the reconstruction precision, as the reconstructed vertex
has an influence on the estimator. A not correctly reconstructed vertex leads to a shift in the values.
In the appendix there are figures about the reconstruction accuracy. The algorithm works well. There
are no cuts applied, so every reconstructed event is shown in the histograms. The standard deviation
in the position is about 20 m without any quality cuts and adaptations to the ORCA detector. This
points out that the estimator works quite well for the reconstruction.
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Figure 5.5: energy resolved profile plot of the quality parameter of QStartegy

Quality Parameter of FilteringFit

A second reconstruction algorithm optimized for tracks is FilteringFit[32]. It is based on a grid search.
At the beginning, a grid of directions is generated. The grid is spread over the search area as uniformly
as possible. There is the possibility to search over the whole sky or only on a certain area around a
direction. For each direction the following fit is performed.
Further for each direction all hits are rotated in a coordinate system so that the direction points in
z-direction. The time is converted to

t′ = t − zc. (5.5)

The goal of the next step is to find the biggest cluster of hits connected to each other. Connected
means here that they have their origin on the same muon track. It is claimed

cκ(|t′A − t′B| − textra ≤
√

(xA − xB)2 + (yA − yB)2 (5.6)

with
κ = ngroup/ sin θC − 1/tanθC. (5.7)

textra is introduced to be aware that not all photons travel directly from the track to the point of detection
due to scattering. And the predefined direction is not the actual track direction. Further a cut on the
transversal distance of two hits is done.
With the selected hits a linear fit is performed as described in [33]. The fit is based on the time
differences between consecutive hits.
The fit writes out a χ2-value calculated by

χ2 =
∑

i

(ti − ti;expected)2

σ2
i

(5.8)

where σ reflects the uncertainties of the hit’s time properties. As reconstructed tracks based on a low
number of hits can achieve a very high χ2 even if the reconstruction cannot be so accurate due to the
lack of information. The final track quality classifier Q combines the number of hits with χ2.

Q = Nhit − ωχ2/NDOF (5.9)
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This quality parameter favors results with more used hits over results with a low number. ω is a
weighting factor, which can be optimized. The standard filteringfit routine takes the best results of
this strategy and passes it into a further reconstruction algorithm for a finer reconstruction. The aart-
Strategy is used which is a likelihood strategy.
For the same reasons as for QStrategy the reconstruction quality of FilteringFit is important for the
benefit of the strategy. In the appendix, you can see the different quality plots of FilteringFit. There
you can see that the algorithm reconstructs muon neutrino events quite well up to an RMS of 5 degree
in the zenith. The best results can be achieved in looking to the muon neutrino direction in charged
current events. The same you can see for electron neutrinos. For more details see the Appendix.
Over all the reconstruction without any cuts works well for track-like events. However events with a
leaving electron are reconstructed closely with the same accuracy.
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Figure 5.6: energy integrated distribution of the quality parameter of FilteringFit

Figure 5.6 shows the distribution of the quality parameter. At the first glance there is no big difference
between the two types of events. Also in the energy resolved plot (Figure 5.7) no big difference is
recognized except in the high energy regime. In that regime there are less events with high values
as in shower-like events. However there is no big difference in the distribution resulting in a bad
performance in the separation. Indeed at the final ranking (see Chapter 5.3) of features the FilteringFit
feature is at a very high rank.
Nevertheless thinking about FilteringFit is useful as it is mostly used as a reconstruction algorithm
resulting in the starting point for more features.

Ratio of Number of Hits in certain Event Regions

In the reconstruction algorithms described above there were several hit selectors. They choose hits
out of the whole event with certain properties. For example one can choose all hits which can be
assumed as shower hits, that means e.g. they are causally connected to a vertex under a shower
hypothesis. On the other side one can take a track hypothesis and look for hits which are causally
connected to that assumption. In particular here the selections of hits are chosen according to a
shower hypothesis around the reconstructed shower vertex. Further, the endpoint of the track is chosen
as shower hypothesis. The endpoint is estimated by the last point of back projected hits on to the
reconstructed track. The last sample consists of the hits correlated to the track hypothesis. All hits
are selected which are causally connected to the track hypothesis.
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Figure 5.7: energy resolved distribution of the quality parameter of FilteringFit

Out of these samples some ratios between the number of hits are calculated. The ratios and their
names are defined in table 5.3.

Table 5.3: Definition of Hit-Selection-Numbers: S:Sample of Hits at the starting point, E: Sample of Hits at
the endpoint, T: Sample of Hits at the track, A: All Hits

Name Definition

CounterEndAll n(E)
n(A)

CounterEndEndTrack n(E∩T
n(E)

CounterStartAll n(S )
n(A)

CounterStartStartEnd n(S∩E)
n(S )

CounterStartStartTrack n(S∩T )
n(S )

CounterTrackAll n(T )
n(A)

The Figures 5.8 and 5.9 show the two most favored distributions, as they deliver the best discrimi-
nation power. The graph of track-like events can be explained by a longer track with higher energy,
so the hits do not overlap so much in higher energy regions. On the other side as there should be no
good track in shower events the number of hits associated with the endpoint is low. So also complete
features lead to a smaller values.
The distribution of n(A)

n(S ) shows also a good separation for higher energy regions.

Number of Hits

The next feature deals with the number of hits in one event. The number of events are not so different.
The numbers mainly differ in the width of the distribution. That comes from the statistics according
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Figure 5.9: Distribution of n(S )
n(A)

to the hadronic cascades in the events. As the hadronic parts have higher underlying fluctuations the
shower-like events have a more widened distribution. The lower median comes out of the fact, that
there is the possibility of neutral particles, which transport the energy without delivering photons to
the detector.
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Figure 5.10: energy resolved distribution of the number of hits weighted with the charge

In this analysis two kinds of number of hits are studied. First the hits are not weighted and secondly
the hits are weighted according to their charge which they cause in the PMTs. Both distributions show
the same features.

Time Residuals

Inspired by the thesis of [34] the time residuals are used as a feature. The time residual is defined as
the difference between the expected and the actual arrival time of photons under a certain hypothesis
at the detector.

Time Residual = expected time − time of flight (5.10)
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Both times are different due to scattering on the way to the detector and due to inaccuracies with in
the detection unit. Further the hypothesis is an ideal model of photon emission and propagation. For
example the shower is not point-like. The particles coming from the shower vertex are producing
light on the way outwards. In the thesis mentioned above the time residuals are used to reconstruct
the trajectory of the particles in Kamiokande. The goal is to minimize the width of the distribution of
time residuals, as in a perfect event the time residuals would be sized to zero.
Enabling the algorithm to get even more information further properties of the distribution are calcu-
lated. The values are defined in table 5.4. Additionally, one could introduce higher momenta of the
distribution.
For time residuals there has to be a reconstruction result. As in some cases there is no reconstruction
for the events. The mean of all hits is taken, resulting in the double peak structure in some distributions
of the calculated features related to the time residuals. The time residuals are calculated according to
a shower hypothesis.
In the reference introduced above the reconstruction is done with the estimator

G =
1
N

∑
i

1
σi

exp− (ti − to)2

2(< σ > ·1.5)2 . (5.11)

Here σi is the inaccuracy of the measurement, which is introduced to take the errors into account. N is
the number of hits used for the calculation. The difference is the time residual. Using the exponential
function big outliers are suppressed. The distribution for this feature is shown in figure 5.11.
The impressing fact of the feature is that for track-like events the median of the feature remains up to
10 GeV constant and then raises. In the case of shower-like events it is the other way round.
Further features based on time residuals are tested. One of the best is shown in figure 5.12. The
median of the feature is negative for track-like events and positive for shower-like events. The hits of
shower-like events occur too early with respect to the shower hypothesis where as the other hits are
rather too late.
The other features can be found in the table 5.4 and the figures are shown in the appendix.

Time Differences

Similar to the time residuals one can define the time differences ∆t.

∆t = Time of Vertex − Time of Arrival (5.13)

So hits which are far away from the vertex will lead to a higher absolute difference. One example is
shown in figure 5.13. The median of the feature is lower for track-like events than for shower like
events. The muon goes out of the interaction vertex and makes it possible that photons can reach
optical modules which are further away, than it would be possible in a shower event.
The other features which are already introduced in a similar way with respect to time residuals are
shown in table 5.5.
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Table 5.4: Definition of features related to time residuals
Name Definition

TimeResidualWidth15_85 difference of 15%-quantile and 85%-quantile
TimeResidualFWHM full width half maximum
TimeResidualRMS root mean square
TimeResidualMean mean time residual
TimeResidualMedian median time residual
TimeResidualMaximum maximum of time residuals
TimeResidualMinimum minimum of time residuals
TimeResidualSum sum of all time residuals

TimeResidualExp G =
1
N

∑
i

1
σi

exp− (ti − to)2

2(< σ > ·1.5)2 . (5.12)
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Figure 5.13: energy resolved distribution of TimeDifferenceMedian

Table 5.5: Definition of features related to time differnce
Name Definition

TimeDifferenceWidth15_85
difference of 15%-quantile and 85%-quantile of
the distribution

TimeDifferenceFWHM full width half maximum of the distribution
TimeDifferenceRMS root mean square of the distribution
TimeDifferenceMean mean time differnce
TimeDifferenceMedian median time differnce
TimeDifferenceMaximum maximum of time differnce
TimeDifferenceMinimum minimum of time differnce

Tensor of Inertia

The shape of a body can be described by the tensor of inertia. From its origin the tensor describes the
mass distribution of a body. Here it describes the distribution of hits around a center. As center the
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reconstruction result of the QStrategy is taken, if it is available otherwise the mean of all hits is used.
The tensor of inertia is defined as following:

I =


∫

(y2 + z2)dm −
∫

xydm −
∫

xzdm
−
∫

xydm
∫

(x2 + z2)dm −
∫

zydm
−
∫

xzdm −
∫

zydm
∫

(y2 + x2)dm

 (5.14)

where dm symbols the integration over all hits. dm originates from the definition of the tensor of
inertia for a massive body. x, y, z states the coordinates according to the center.

Hit

Hit

Hit

Hit

Reco Vertex

Figure 5.14: Projection of hits onto a sphere

At first glance the axis can be chosen arbitrarily. Increasing the compatibility and usage of the re-
sulting values the main centroid axis of each event is chosen. In this representation the matrix is
diagonal. The calculation is done by calculating the eigenvalues of the matrix with arbitrary axis. The
calculation is done with functions of ROOT [35].
The calculation of the previously defined tensor can be done directly or when one first projects all hits
to a unit sphere.
Further all hits get a weight of the inverse number of hits in the event, results in an equal overall mass
of the events. So the values of the inertia is comparable between the events.

Table 5.6: Definition of features connected to the tensor of inertia
Name Definition

SmallInertia Smallest eigenvalue of the tensor
MiddleInertia middle eigenvalue of the tensor
BigInertia Biggest eigenvalue of the tensor
RelativeInertia IS

IS+IM+IB

The values of MiddleInertia and BigInertia are nearly similar for track-like and shower-like events.
In the case of the small Inertia there is the biggest difference. The values are shifted to smaller values
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Energy in GeV
2 4 6 8 10 12 14 16 18 20

S
m

al
lIn

er
ti

a

800

1000

1200

1400

1600

1800

2000

2200
310×

Shower-like

Track-like

Figure 5.16: Distribution of the smallest eigenvalue
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for track-like events. Considering the shape of a track-like event the figure should be longer but not
so extended to the sides. A fairly good discrimination can be expected for this feature.
Further both figures show that the feature with projected hits could be better than the other one.
In the energy integrated plots there are two peaks as there are two different methods of generating the
center of calculation. On the one side there is the reconstructed vertex of QStrategy and on the other
side a mean value of all hits in the event. In common the mean leads to the center of the detector,
as the whole detector is filled with noise. In these events one does not expect any information out of
the tensor of inertia as the position of the event can be far away and so does not have any influence.
Indeed the first peak in figure 5.17 is out of unreconstructed events.
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Figure 5.17: energy resolved distribution of the smallest eigenvalue of the tensor of inertia

Further a ratio is defined as

R =
IS

IS + IM + IB
(5.15)

but there is no separation power expected.
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5.3 Ranking of Features
After training the first time it is interesting to see a ranking of the features. A ranking is useful as
features with a low or even no improvement to the classification result can be canceled. This saves
computing time. The ranking should tell us which observable performs best, in the sense of leading
to a big improvement of the classification. For a ranking there must be a value. Here it is the overall
classification rate under a majority decision of 50%.
The ranking is done by, a tool from Stefan Geisselsöder [36] called f̈eatureOptimization.̈
The principles are as follows . A training is started with each feature on its own. Further for each
result the performance is calculated and the best feature are taken to the next step. In the next step the
algorithm adds one more observable and does the training once more. This is done for every possible
configuration. Now the best configurations are chosen to do more iterations in the same way. This
process iterates as long as the performance increases. Finally there is a ranking with the best features.
In this thesis the 3 best configurations to one previous configuration are taken into account to decide
which 3 of them are pushed to the next iteration.
In table 5.7 you can see the ranking of features used in the classification. One can recognize that some
features do not lead to an improvement of performance at all. There are two reasons why that could
happen. First features can have no separation power at all. Secondly there are other features deliver
the same information so they are not independent of each other. In words of linear algebra: The goal
is to find features which are as orthogonal to each other as possible. So that they do not share any
properties of the events.
The table also shows the improvement the value of the overall classification rate after the new feature
was introduced. As one can see the last features improved the classification only by one percent.

Table 5.7: Ranked Feature List
Rank Feature Overall Classification Rate

1 GParameter 0.5823
2 TimeResidualFWHM 0.6702
3 SmallInertiaNormedSphere 0.6995
4 CounterEndEndTrack 0.7175
4 SmallInertia 0.7212
5 TimeResidualMeanDistance 0.7259
6 CounterTrackAll 0.7284
7 RelativeInertia 0.7314
8 QStrategyQuality 0.7332
9 HitsPerTrackLength 0.7368

10 TimeDifferenceWidth15_85 0.7377

5.4 Training and Evaluation

5.4.1 Weighting of the Training Events
Not every event in the test sample comes up with the same rate in the experiment. To deal with this
the events can be weighted in the evaluation. Events with a lower rate have a smaller impact to the
result as events with a higher rate.
If events are generated under real conditions in a Monte Carlo simulation the lifetime is an important
impactor. The lifetime is the time the simulated processes would take in reality. As the different
particles are simulated with different algorithms the samples of each simulation are combined. If one
does not consider the lifetime a sample with higher lifetime dominates simulations with less lifetime.



5.4. Training and Evaluation 33

In this thesis there is no proper weighting as there are some ingredients not known very well. For the
weight one needs the flux of neutrinos through the detector, which could be approximated with the
flux from other sites as [14]. The physical events are weighted with the Bartol flux, but as there is no
lifetime for electron neutrinos it is not possible to generate a weight. Further for premium events the
rates are not known at all in the detector.
Following the events are weighted so that there is an equal amount of electron neutrinos and muon
neutrinos in each sample The differences in the energy regime can be neglected as the evaluation is
done in small bins in energy. The width of the bins is chosen to be 1 GeV. In the premium events the
width of a bin is effectively even smaller as the events are only out of an interval 0.1 GeV above and
below a full GeV. The dependence in the zenith is neglected.

5.4.2 Confusion Matrix
Once the separation algorithm is applied to the test events one can illustrate them within a confusion
matrix. The matrix shows the distribution of the different results of the separation process. So it
answers the question if the events were classified correctly.
The matrix consists of nine entries arranged in a grid of three by three. The entry of one cell is the
number of events with the same outcome of the classification process. The rows stand for the real
class, consequently the columns stand for the reconstructed class. In the following the number of
row and column are numbered from 0 upward. This leads to the next example. The class 0 event
reconstructed as class 1 increases the entry in column 1 and row 0. The outer cells are the sums of the
cells in the column or row. Table 5.8 shows an example.

Table 5.8: Confusion matrix
reconstructed class 0 reconstructed class 1 Sum of real class

real class 0 correctly classified wrong classified
real class 1 wrong classified correctly classified

Sum of reconstructed class

As the number of training and test events are finite, on each entry of the matrix there is an error. The
errors can be seen as binomial errors, because each event has a choice of two different outcomes.
Either it is correctly classified or it is wrongly classified. According to [37] the error is calculated in
the following way:

∆p = u(1−α)/2

√
p(1 − p)

n
(5.16)

where p is the resulting probability of the result in the specific cell. n is the number of events used.
It is important to be aware that the number of events counting for the entry are only the sum of the
row. This is caused as no event can switch rows. The event is either a class 1 event or a class 0 event.
Further ux is the x-Quantile of the normal distribution.
According to the consideration above the confidence interval is given with

P(p − ∆p ≤ p ≤ p + ∆p) = 1 − α. (5.17)

This method is only an approximation of the binomial distribution with the normal distribution. This
is possible in some cases, because of the central limit theorem. It requires that np(1 − p) ≥ 9. This is
true for the interesting cases shown here, where the purity and classification rate is balanced.
When the values changes so that p or 1-p get closer to 1 the requirement is no longer fulfilled. The
incorrectness of the calculated values are indicated by the error bars reaching over 1 in the plots of
Chapter 5.5.
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If one is interested in these ranges one has to use other calculations. One possibility are the Pearson-
Clopper-Values [37]:

plow =
mF2m,2(n−m+1),α/2

n − m + 1 + mF2(m),2(n−m+1),α/2
(5.18)

and

phigh =
(m + 1)F2m+1,2(n−m),1−α/2

n − m + (1 + m)F2(m+1),2(n−m),1−α/2
(5.19)

with the quantiles of the F-distribution. However, in the following, only the approximative error is
used as the interesting values are in the range of the central limit theorem.
Up to now there are only errors for the single entries in the inner part of the confusion matrix. The
outer part values corresponding to purity and classifiaction rate are assembled quantities. Error prop-
agation has to be used. Here Gaussian error propagation is used.
If one has got the weights of the events the values have to be modified slightly. The point value of p
can be estimated as

p =
∑

i ωi∑
n ωn

(5.20)

where the denominator is the weighted sum of all events corresponding to the entries and the nomi-
nator is the weighted sum over all events.

5.5 Performance of the Algorithm
A visualization of the confusion matrix is used to better compare different parameters of the random
decision forest. The matrix shows only the number of events in several classes. We have to look for
numbers which are interesting to make a decision for the one or the other classification algorithm.
First of all within one algorithm to find the best cut value of the output variable. In the case of random
decision forests the percentage of trees voting for a class in the random decision forest is one example
of such a variable.

5.5.1 Definitions
There are many ways of evaluating the performance of the algorithms, as there are many purposes
using the algorithms. In conclusion every one has to choose the best performance for his own purpose
and is looking for a way of evaluating the algorithms. In ORCA the goal is to count muon neutrinos
interacting in the charged current. As the experiment is counting the track-like events, the quality
parameters are developed in that direction. Firstly the number of correctly classified events has to
be as big as possible. On the flip side the number of events contaminating the sample as wrongly
classified events has to be as low as possible. As we will see these are two contradictory requirements.
The first one is evaluated by the classification rate. It is defined by the ratio of correctly classified
events of track-like events with respect to the complete number of track-like events.

Classificationrate =
Number of correctly classified track-like events

Number of all track-like events
(5.21)

The latter property is evaluated by the purity defined as

Purity =
Number of correctly classified track-like events

Number of all events classified as track-like events
(5.22)

The two different definitions are illustrated in figure 5.18. One has to be aware of the fact that the
numbers are based on different underlying sets.



5.5. Performance of the Algorithm 35

class 1 classified as class 1correctly
classified

Figure 5.18: evaluative Quantities

In order to make a decision one has to investigate which influence is more severe to the own experi-
ment. Is the contamination of other classes worse than the loss of events?

5.5.2 Performance Plots

The following plots are similar to receiver operating characteristic curves (ROC-curve) showing the
false-positive versus the true-positive rates [29]. However, as for ORCA other values are of impor-
tance, classification rate is plotted against purity.
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Figure 5.19: typical plot of Quality for classifier with an output value

One typical plot is shown in figure 5.19. Each point stands for the pair of numbers resulting from by
the cut on the classifier output labeled next to the point.
The main statement is the increasing purity by decreasing classification rate and vice versa. This is
justified by the next plot. Figure 5.20 illustrates the distribution of the output values for the classifier.
As expected the mean of the distributions are distanced. How ever the distributions overlap, so there
is no absolutely true cut. The higher the cut value the more of the lower distribution is rejected, but on
the other side the more of correct distribution is rejected, too. So the purity increases at the expense
of the classification rate.
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(without noise) at 10 GeV
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Figure 5.22: Performance plot with physical events
(with noise) at 10 GeV

5.5.3 Performance Results

This section shows the actual results of the random decision forest. Figure 5.21 shows the case without
noise. The values of purity is above 90% and for classification rate it is similar at a cut value of 0.3
and higher.
The more interesting part is the performance plot of premium events shown in figure 5.22. Here one
can see the clear shape of increasing purity with decreasing classification rate. One can achieve a
purity of 80 % with a classification rate of 80%. So the noise has a negative influence, but it is only
on the order of ten percent.
Both plots were shown for the energy bin of 10 GeV. The whole energy range can be seen in figure
5.23.
You can see a reasonable classification is done above an energy of 8 GeV. The small number in the
plot indicates the cut value of the random decision forest at this plot region again.
The values of classification rate and misidentification should be included in calculation for sensitivity.
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Figure 5.23: Performance plot with premium events (number indicate the cut value in that region)
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Figure 5.24: Zenith dependence of classification rate at cut of 0.5

So it is also interesting if the evaluative parameters are zenith dependent. The studies showed that
there is no angular dependence. One exemplary plot is shown in figure 5.24. As you can see the
classification performance is flat over the zenith angle, indicated by the same color code in all zenith
angle bins. However a clear variation is seen with energy. The same appearance can be detected for
other cuts than 0.5 and the classification rate.
Future reconstruction algorithms can also aim to the Bjorken-y of an event. To be able to deal with
this the correlation between Bjorken-y and the purity is investigated.
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Figures with other cut values can be found in the appendix.



Chapter 6

Conclusion and Outlook

This thesis deals with the necessary identification of event classes in ORCA, as other neutrinos than
muon neutrinos would contaminate the result. They would weaken the ability to achieve the discrim-
ination of the possible mass hierarchies.
The identification was done with a random decision forest, a well tested multi-variate analysis tech-
nique for separation. Several features have been devised to be able to perform cuts on them. The
features concerning the time residuals showed the best performance. There are some of these among
the top performer in the final ranking. Especially the width of the time residual distribution is a good
feature.
The studies showed that one only needs to look at muon neutrinos in both currents and electron
neutrinos in the charged current as the electron neutrinos in the neutral current look similar to the
muon neutrinos. But it is necessary to look at electron neutrinos as shown. In this low energy regime
they do not look like other shower events. It is possible that an electron comes out of the shower
region and beheaves in a way like a muon. So the distributions can be regarded as an intermediate
state of neutral current and charged current events of muon neutrinos.
With a set of over 30 features the forest was trained and is performing well. The result shows a purity
over 80% at a classification rate over 80% at energies above 8 GeV.
Even if in this low energy regime one expects only less differences between the different classes, with
the used method the identification is possible.
Preliminary results have already been used to evaluate the impact to the sensitivity to the mass hier-
archy in a bachelor thesis [7]. There one can see that most information can be extracted out of the
muon neutrinos. The usage of flavor identification leads to no increasing separation power for the
mass hierarchy if one takes the other inaccuracies of reconstruction also into account. In conclusion
to improve this fact the classification rate and purity would have to be increased.
Using the results in other studies it is also interesting if there are some dependencies in events vari-
ables others than energy. This increases the accuracy of the results. There was no big influence found
in the zenith angle. But as one expects the Bjorken y has a big influence. High values lead to a low
energetic muon neutrino so that such events do not differ from real shower like events.
The results of this thesis will be helpful to study the influence of several parameters, such as to the
sensitivity of ORCA to the mass hierarchy.
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Appendix A

Reconstruction

The plots in this chapter show the accuracy of the used reconstruction algorithms.

A.1 Reconstruction with QStrategy
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Figure A.1: difference between the reconstructed time an the Monte Carlo time of electron neutrinos in the
neutral current channel
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Figure A.2: Difference between the reconstructed vertex an the Monte Carlo vertex of electron neutrinos in
the neutral current channel
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Figure A.3: Difference between the reconstructed time an the Monte Carlo time of electron neutrinos in the
charged current channel
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Figure A.4: Difference between the reconstructed vertex an the Monte Carlo vertex of electron neutrinos in
the charged current channel
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Figure A.5: Difference between the reconstructed time an the Monte Carlo time of muon neutrinos in the
neutral current channel
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Figure A.6: Difference between the reconstructed vertex an the Monte Carlo vertex of muon neutrinos in the
neutral current channel
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Figure A.7: Difference between the reconstructed time an the Monte Carlo time of muon neutrinos in the
charged current channel
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Figure A.8: Difference between the reconstructed vertex an the Monte Carlo vertex of muon neutrinos in the
charged current channel
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A.2 Reconstruction with FilteringFit
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Figure A.9: Difference between the reconstructed direction and the Monte Carlo Direction of muon neutrinos
in the neutral current w.r.t. the Neutrino direction
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Figure A.10: Difference between the reconstructed direction and the Monte Carlo Direction of muon neutri-
nos in the neutral current w.r.t. the Neutrino direction
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Figure A.11: Difference between the reconstructed direction and the Monte Carlo Direction of muon neutri-
nos in the charged current w.r.t. the Neutrino direction
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Figure A.12: Difference between the reconstructed direction and the Monte Carlo Direction of muon neutri-
nos in the charged current w.r.t. the Neutrino direction
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Figure A.13: Difference between the reconstructed direction and the Monte Carlo Direction of muon neutri-
nos in the charged current w.r.t. the outgoing muon direction
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Figure A.14: Difference between the reconstructed direction and the Monte Carlo Direction of electron
neutrinos in the charged current w.r.t. the Neutrino direction
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Figure A.15: Difference between the reconstructed direction and the Monte Carlo Direction of electron
neutrinos in the charged current w.r.t. the Neutrino direction
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Figure A.16: Difference between the reconstructed direction and the Monte Carlo Direction of electron
neutrinos in the neutral current w.r.t. the Neutrino direction



Appendix B

Features

B.1 List of Features

Inertia
BigInertia

BigInertiaNormedSphere
RelativeInertia

RelativeInertiaNormedSphere
SmallInertia

SmallInertiaNormedSphere
MiddleInertia

MiddleInertiaNormedSphere

Reconstruction
FilteringFitrlogl
QStrategyChi2

QStrategyQuality

Number of Events
PulseCountCharge
PulseCountNone

Ratios
CounterEndAll

CounterEndEndTrack
CounterStartAll

CounterStartStartEnd
CounterStartStartTrack

CounterTrackAll

Time Differences
TimeDifferenceFWHM

TimeDifferenceMaximum
TimeDifferenceMean

TimeDifferenceMedian
TimeDifferenceMinimum

TimeDifferenceRMS
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TimeDifferenceWidth15_85

Time Residuals
GParameter

TimeResidualFWHM
TimeResidualMaximum

TimeResidualMean
TimeResidualMeanDistance

TimeResidualMedian
TimeResidualMinimum

TimeResidualRMS
TimeResidualSum

TimeResidualWidth15_85
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B.2 Histograms of Features
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Appendix C

Performance Plots

C.1 Physical Events
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92 C. Performance Plots

C.2.1 Zenith Dependence
Titles are sturctured as C̈utXPurityẅhere X is the cut on the fraction of trees with the result of a
track-like event.
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0.58079 0.564545 0.569686 0.56461 0.555792 0.553776 0.546463 0.550117 0.543702 0.540079

0.593869 0.583301 0.570654 0.5754 0.560717 0.56105 0.559394 0.556304 0.552126 0.55117

0.610812 0.588534 0.588312 0.580114 0.580901 0.578797 0.573153 0.571654 0.562209 0.555343

0.623947 0.588482 0.607104 0.587224 0.589669 0.592257 0.574424 0.566322 0.573681 0.565246

0.622091 0.599554 0.608824 0.608577 0.596667 0.59064 0.590179 0.58163 0.581393 0.56642

0.647076 0.635414 0.613861 0.61626 0.597844 0.611256 0.602663 0.588975 0.581442 0.574081

0.617793 0.619169 0.609657 0.62082 0.61612 0.617902 0.611361 0.5857 0.587859 0.602932

0.643682 0.648453 0.620452 0.603724 0.609802 0.609043 0.60096 0.591131 0.593304 0.606182

0.655626 0.633772 0.62355 0.613521 0.624013 0.603696 0.604194 0.615791 0.596319 0.599844

0.637196 0.63997 0.636063 0.621343 0.633973 0.617457 0.616921 0.610613 0.593817 0.600901

0.655738 0.647007 0.627349 0.640673 0.628621 0.624245 0.611202 0.614835 0.597064 0.620743

0.662948 0.636814 0.637372 0.62683 0.634936 0.616984 0.62034 0.64933 0.610345 0.594982

0.668861 0.654791 0.648294 0.643032 0.631677 0.619048 0.622875 0.616132 0.599011 0.61475

0.678105 0.631765 0.675783 0.616918 0.635322 0.645049 0.628166 0.645012 0.631829 0.60682
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0.897467 0.902323 0.885681 0.896367 0.878483 0.885609 0.868582 0.871402 0.869795 0.850336

0.972943 0.965404 0.971901 0.963128 0.967275 0.962984 0.970462 0.966757 0.955899 0.950441

0.990496 0.98817 0.99115 0.988197 0.983322 0.992612 0.989446 0.982562 0.987772 0.98321

0.992051 0.989206 0.991373 0.991545 0.991955 0.99386 0.995948 0.993007 0.991533 0.99393

0.992334 0.995479 0.994068 0.992021 0.991971 0.99387 0.998273 0.996522 0.995704 0.995777

0.985102 0.989276 0.988539 0.99187 0.994377 0.995331 0.996269 0.992446 0.996082 0.99454

0.987988 0.982635 0.984632 0.992416 0.99204 0.988273 0.994094 0.997947 0.992769 0.993007

0.986141 0.985169 0.987723 0.989177 0.987991 0.993377 0.991011 0.993644 0.9956 0.995541

0.975744 0.982143 0.981567 0.984901 0.988304 0.988623 0.990815 0.993064 0.990621 0.994246

0.971471 0.967115 0.977918 0.989458 0.979066 0.984686 0.987322 0.984448 0.996705 0.992424

0.963918 0.969231 0.976798 0.987047 0.995643 0.980861 0.981395 0.982188 0.990544 0.992347

0.978155 0.965686 0.992 0.98374 0.975936 0.997409 0.985507 0.985149 0.986339 0.981865

0.95393 0.970588 0.982955 0.97832 0.986702 0.985149 0.989637 0.978723 0.992084 0.987775

0.958824 0.975936 0.962751 0.97093 0.988473 0.997167 0.981132 0.979747 0.990909 0.994269

0.977778 0.979827 0.960961 0.972376 0.974874 0.985673 0.994398 0.97878 0.984802 0.982906

0.969359 0.984177 0.98153 0.971347 0.981982 0.967647 0.991379 0.990909 0.983333 0.984615

0.97205 0.978593 0.956522 0.984076 0.963068 0.983607 0.969188 0.984076 0.997199 0.984894

0.972145 0.972393 0.953846 0.979021 0.968391 0.988372 0.984127 0.980952 0.987382 0.980831

0.95053 0.987915 0.980831 0.97619 0.981481 0.96904 0.966555 0.990164 0.984277 0.977848

0.961268 0.972393 0.983766 0.984709 0.983553 0.990228 0.978056 0.982877 0.980645 0.972881
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C.2. Premium Events 93

0.580422 0.590926 0.595222 0.601899 0.596482 0.608789 0.608782 0.600786 0.618102 0.608328

0.583533 0.584139 0.581044 0.596589 0.584202 0.589501 0.58662 0.606856 0.598587 0.607797

0.582044 0.583791 0.586552 0.58933 0.591448 0.587027 0.586633 0.586109 0.591129 0.590277

0.584193 0.591017 0.586679 0.58803 0.578319 0.57992 0.58446 0.577347 0.581289 0.584953

0.607585 0.602992 0.59867 0.579912 0.585851 0.58386 0.573356 0.586396 0.58642 0.5789

0.610125 0.605319 0.601238 0.598904 0.58691 0.594533 0.5833 0.587053 0.587001 0.578699

0.632559 0.620497 0.618522 0.610232 0.603671 0.595821 0.598933 0.597119 0.601087 0.580373

0.64887 0.638044 0.621897 0.623351 0.61214 0.615323 0.613385 0.61297 0.613597 0.603177

0.660499 0.646166 0.642343 0.625717 0.623576 0.621645 0.614036 0.629108 0.615899 0.610998

0.679417 0.640311 0.659118 0.636809 0.639377 0.645568 0.625058 0.631014 0.631839 0.620372

0.683077 0.64533 0.660461 0.659763 0.644589 0.646711 0.634664 0.623518 0.621949 0.62788

0.704052 0.675522 0.652952 0.679836 0.661998 0.676804 0.658416 0.63928 0.644859 0.636275

0.666156 0.678587 0.660693 0.668645 0.671497 0.674991 0.663729 0.640683 0.64867 0.661727

0.702522 0.710471 0.670176 0.656483 0.672712 0.67094 0.654501 0.649509 0.638142 0.662706

0.689357 0.680486 0.670634 0.669565 0.672094 0.655511 0.662252 0.675235 0.654501 0.661088

0.684463 0.679079 0.697163 0.677581 0.681677 0.665198 0.676174 0.668792 0.644663 0.647451

0.696504 0.699645 0.681908 0.697448 0.686342 0.667396 0.663699 0.669076 0.648845 0.67111

0.71188 0.701084 0.689752 0.670103 0.697379 0.688862 0.669922 0.703372 0.668481 0.654541

0.715333 0.720805 0.697243 0.685154 0.693946 0.679476 0.682398 0.666253 0.65588 0.685416

0.732286 0.687701 0.732476 0.651221 0.685869 0.677859 0.678626 0.68074 0.687539 0.681194
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0.716526 0.69863 0.700059 0.690292 0.67457 0.680197 0.672372 0.668096 0.669795 0.648748

0.873551 0.85173 0.840771 0.850279 0.831009 0.838474 0.829216 0.835422 0.823043 0.812225

0.926001 0.92206 0.913547 0.920656 0.918694 0.916723 0.918865 0.903421 0.900136 0.912693

0.931638 0.929067 0.935686 0.951576 0.94288 0.940138 0.955429 0.939394 0.933954 0.937026

0.954003 0.961121 0.949153 0.950355 0.946476 0.954466 0.950777 0.956522 0.962199 0.951014

0.942272 0.954424 0.9532 0.96206 0.964386 0.966387 0.962687 0.951841 0.954946 0.946315

0.957958 0.948927 0.946213 0.95883 0.958209 0.963753 0.966535 0.969199 0.963843 0.956044

0.954158 0.961864 0.958705 0.962121 0.971616 0.974614 0.959551 0.96822 0.973597 0.9699

0.949283 0.956473 0.950461 0.958188 0.967251 0.960182 0.971297 0.97341 0.971864 0.973533

0.942943 0.925262 0.9653 0.972892 0.94847 0.969372 0.969889 0.968896 0.981878 0.962121

0.927835 0.948718 0.967517 0.953368 0.982571 0.964115 0.965116 0.959288 0.964539 0.969388

0.956311 0.933824 0.973333 0.97832 0.951872 0.968912 0.963768 0.970297 0.964481 0.963731

0.926829 0.962567 0.96875 0.95664 0.965426 0.972772 0.963731 0.960106 0.978892 0.973105

0.926471 0.965241 0.942693 0.950581 0.971182 0.98017 0.96496 0.959494 0.969697 0.977077

0.952778 0.95389 0.942943 0.964088 0.957286 0.95702 0.991597 0.962865 0.972644 0.962963

0.952646 0.968354 0.963061 0.954155 0.963964 0.958824 0.965517 0.984848 0.961111 0.950769

0.940994 0.954128 0.937888 0.971338 0.943182 0.960656 0.966387 0.964968 0.988796 0.97281

0.94429 0.947853 0.935385 0.961538 0.951149 0.979651 0.965079 0.980952 0.971609 0.961661

0.925795 0.975831 0.964856 0.964286 0.962963 0.965944 0.946488 0.967213 0.977987 0.968354

0.947183 0.953988 0.977273 0.963303 0.970395 0.970684 0.965517 0.972603 0.970968 0.966102
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0.629014 0.630973 0.6454 0.647907 0.641046 0.656801 0.656862 0.656469 0.665289 0.6555

0.645941 0.646598 0.629741 0.659922 0.641591 0.657082 0.636687 0.659224 0.658335 0.652716

0.641454 0.654472 0.647852 0.661643 0.653991 0.65559 0.652813 0.65556 0.663461 0.66342

0.66017 0.664523 0.671467 0.650356 0.640253 0.650888 0.649971 0.653457 0.65544 0.65932

0.684284 0.683535 0.678406 0.65567 0.661569 0.657931 0.658532 0.666978 0.666353 0.661578

0.688963 0.690948 0.688009 0.683689 0.675128 0.673991 0.654586 0.661356 0.665285 0.672399

0.719111 0.698716 0.697071 0.698238 0.69517 0.678129 0.685936 0.693509 0.68709 0.678587

0.7299 0.712582 0.707441 0.697336 0.69502 0.699698 0.696512 0.689347 0.689992 0.69063

0.760297 0.739044 0.737412 0.721391 0.711586 0.709437 0.70711 0.71259 0.691403 0.704783

0.772646 0.727544 0.757168 0.718468 0.728136 0.735643 0.713086 0.728083 0.703792 0.721385

0.753143 0.711083 0.741871 0.749198 0.737071 0.735975 0.717958 0.709778 0.708845 0.727904

0.79174 0.759209 0.750529 0.765285 0.737176 0.770366 0.753772 0.739706 0.733202 0.746956

0.757123 0.749122 0.751299 0.74644 0.752027 0.755177 0.748153 0.738307 0.748269 0.763205

0.786876 0.794279 0.746964 0.738721 0.749136 0.763478 0.744066 0.741783 0.732202 0.759098

0.787736 0.767811 0.749402 0.742489 0.771672 0.727888 0.75188 0.769866 0.761723 0.739281

0.76746 0.77847 0.793559 0.764887 0.75974 0.744506 0.762561 0.766115 0.725511 0.731507

0.77516 0.781356 0.794197 0.774725 0.769204 0.746821 0.751179 0.77261 0.737181 0.751886

0.788468 0.783333 0.777635 0.748544 0.773163 0.774717 0.746674 0.79602 0.768976 0.763428

0.799168 0.801366 0.766888 0.762205 0.752679 0.761547 0.78082 0.756325 0.747095 0.760923

0.794531 0.785936 0.797826 0.74605 0.751576 0.767542 0.76057 0.760147 0.771859 0.800863
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0.48854 0.458011 0.478491 0.446099 0.442205 0.45326 0.43643 0.442131 0.439296 0.430666

0.668691 0.650741 0.621488 0.651397 0.609442 0.621425 0.604189 0.613624 0.609702 0.571586

0.742023 0.757133 0.748809 0.756721 0.744267 0.729349 0.744723 0.712274 0.730978 0.736064

0.788553 0.784888 0.791373 0.820907 0.791633 0.788181 0.818476 0.794872 0.774767 0.780728

0.821124 0.820072 0.824576 0.838652 0.821588 0.831874 0.839378 0.827826 0.844502 0.821791

0.840782 0.863271 0.843362 0.869919 0.868791 0.859944 0.845149 0.84797 0.840353 0.822566

0.86987 0.871297 0.866081 0.880823 0.876617 0.862473 0.876969 0.895277 0.877066 0.851149

0.8742 0.883475 0.905134 0.88961 0.895197 0.912804 0.87191 0.878178 0.882288 0.865106

0.900772 0.890625 0.891705 0.900116 0.912281 0.9124 0.904707 0.905202 0.895662 0.888377

0.896396 0.86846 0.914826 0.911145 0.884058 0.921899 0.912837 0.916019 0.924217 0.892424

0.889175 0.905128 0.928074 0.919689 0.943355 0.937799 0.930233 0.895674 0.895981 0.92602

0.915049 0.865196 0.946667 0.913279 0.927807 0.943005 0.932367 0.930693 0.923497 0.92487

0.894309 0.925134 0.931818 0.937669 0.920213 0.930693 0.927461 0.904255 0.905013 0.929095

0.908824 0.919786 0.908309 0.930233 0.948127 0.937677 0.93531 0.911392 0.921212 0.919771

0.927778 0.92219 0.897898 0.936464 0.929648 0.928367 0.952381 0.93634 0.945289 0.911681

0.930362 0.943038 0.94723 0.925501 0.936937 0.920588 0.948276 0.954545 0.936111 0.935385

0.925466 0.938838 0.909938 0.949045 0.928977 0.944262 0.943978 0.936306 0.955182 0.942598

0.899721 0.917178 0.916923 0.933566 0.925287 0.973837 0.942857 0.952381 0.933754 0.945687

0.911661 0.936556 0.945687 0.940476 0.916667 0.947368 0.916388 0.944262 0.955975 0.943038

0.926056 0.944785 0.954545 0.944954 0.953947 0.960912 0.940439 0.945205 0.945161 0.942373
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0.677071 0.704894 0.666466 0.704361 0.681921 0.730346 0.698804 0.703364 0.719084 0.728154

0.720428 0.712636 0.70265 0.725702 0.710822 0.71877 0.712475 0.701747 0.737697 0.718299

0.738745 0.737136 0.714282 0.73084 0.731295 0.730022 0.741415 0.724406 0.748842 0.733161

0.738372 0.748051 0.754398 0.731273 0.722942 0.718026 0.740893 0.75307 0.737155 0.732809

0.771956 0.785587 0.77448 0.752718 0.741488 0.751022 0.764884 0.766697 0.752186 0.758951

0.783155 0.784536 0.78332 0.775711 0.782949 0.764519 0.741123 0.761076 0.752684 0.776527

0.829248 0.798275 0.804334 0.801046 0.806532 0.766118 0.770653 0.79793 0.789757 0.771868

0.839109 0.797954 0.805943 0.79686 0.781974 0.786386 0.796759 0.794631 0.79743 0.802121

0.85648 0.831256 0.835373 0.818812 0.802449 0.81484 0.799669 0.800713 0.791183 0.80447

0.862076 0.834614 0.841859 0.813606 0.831703 0.828184 0.803307 0.823939 0.794679 0.819444

0.857641 0.816407 0.83281 0.828593 0.830654 0.818496 0.816413 0.828329 0.808732 0.851877

0.887539 0.852131 0.844784 0.851428 0.822085 0.844517 0.839597 0.810211 0.830102 0.838642

0.840002 0.850918 0.82187 0.832945 0.83787 0.852059 0.856753 0.834135 0.845865 0.847243

0.861746 0.871079 0.844576 0.817305 0.850534 0.84514 0.848062 0.835436 0.854019 0.874011

0.874025 0.859911 0.856384 0.832096 0.843316 0.804949 0.84479 0.858226 0.858861 0.816224

0.861851 0.86654 0.852896 0.840156 0.844131 0.835638 0.838484 0.851062 0.821694 0.832655

0.875417 0.857249 0.879718 0.854492 0.83174 0.828765 0.827801 0.862594 0.824122 0.835394

0.883799 0.865562 0.844688 0.840699 0.860806 0.828701 0.824632 0.878237 0.851979 0.850619

0.878902 0.883557 0.828156 0.851301 0.831927 0.861533 0.848088 0.833872 0.82966 0.873428

0.89045 0.858761 0.875841 0.812581 0.838186 0.845091 0.840468 0.850904 0.848674 0.883576
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0.282871 0.258487 0.265763 0.2567 0.244221 0.260763 0.243888 0.244336 0.241056 0.248015

0.425179 0.41955 0.395592 0.410615 0.394313 0.38811 0.379699 0.364033 0.378721 0.35848

0.53632 0.541406 0.530293 0.54623 0.533009 0.521827 0.537599 0.493628 0.516304 0.517797

0.616852 0.597533 0.609412 0.619523 0.622687 0.583269 0.617504 0.609946 0.580017 0.587253

0.656729 0.672694 0.671186 0.703901 0.662801 0.677758 0.673575 0.674783 0.646907 0.646959

0.727188 0.733691 0.723018 0.732611 0.742268 0.724556 0.705224 0.725212 0.699314 0.679709

0.765766 0.750766 0.753019 0.770314 0.775124 0.750533 0.754921 0.762834 0.744835 0.705295

0.780384 0.782839 0.80692 0.804113 0.799127 0.796909 0.761798 0.775424 0.765677 0.735786

0.804851 0.796875 0.81682 0.815331 0.833918 0.804323 0.815155 0.817341 0.799531 0.796318

0.824324 0.820628 0.842271 0.829819 0.811594 0.85758 0.819334 0.847589 0.815486 0.778788

0.837629 0.851282 0.856148 0.865285 0.877996 0.868421 0.867442 0.839695 0.815603 0.857143

0.86165 0.821078 0.885333 0.840108 0.858289 0.878238 0.876812 0.821782 0.860656 0.854922

0.831978 0.877005 0.860795 0.861789 0.859043 0.844059 0.870466 0.851064 0.878628 0.863081

0.847059 0.879679 0.888252 0.880814 0.896254 0.883853 0.867925 0.863291 0.851515 0.862464

0.886111 0.881844 0.864865 0.889503 0.894472 0.873926 0.901961 0.877984 0.899696 0.843305

0.888579 0.898734 0.897098 0.891117 0.894895 0.885294 0.896552 0.893939 0.877778 0.867692

0.891304 0.899083 0.872671 0.923567 0.894886 0.904918 0.907563 0.89172 0.89916 0.885196

0.852368 0.892638 0.895385 0.905594 0.890805 0.94186 0.907937 0.901587 0.873817 0.894569

0.876325 0.903323 0.913738 0.925595 0.87963 0.913313 0.879599 0.904918 0.908805 0.882911

0.894366 0.911043 0.915584 0.911315 0.917763 0.912052 0.918495 0.917808 0.925806 0.901695
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94 C. Performance Plots

0.776809 0.804133 0.757375 0.771216 0.765189 0.778719 0.797255 0.808393 0.82686 0.823223

0.813451 0.833586 0.761863 0.798768 0.806728 0.799632 0.780292 0.820573 0.793233 0.800871

0.824797 0.822204 0.801615 0.808605 0.801894 0.809481 0.819211 0.816727 0.838266 0.832722

0.812813 0.817872 0.83976 0.801986 0.816229 0.811512 0.823405 0.832089 0.814967 0.832264

0.870158 0.864322 0.84162 0.835729 0.812275 0.848624 0.831948 0.834679 0.852163 0.833619

0.867307 0.860539 0.872127 0.856232 0.870363 0.86291 0.826038 0.841477 0.849689 0.844972

0.897307 0.869127 0.879913 0.859371 0.865866 0.845252 0.837972 0.870317 0.875406 0.867418

0.914614 0.880721 0.879882 0.887031 0.87204 0.856725 0.874123 0.876598 0.883267 0.883232

0.9226 0.902276 0.890929 0.890294 0.883162 0.88094 0.864574 0.863146 0.868116 0.855778

0.913741 0.900838 0.908642 0.885089 0.895859 0.905226 0.892768 0.890991 0.858002 0.898211

0.932506 0.901879 0.904961 0.890446 0.89229 0.910389 0.8683 0.890222 0.888016 0.93197

0.951078 0.927125 0.898204 0.935884 0.911431 0.891596 0.915933 0.890462 0.910882 0.921065

0.917882 0.93871 0.892898 0.892635 0.898011 0.893295 0.914646 0.916576 0.933458 0.91978

0.929534 0.952263 0.922599 0.894305 0.913725 0.922831 0.898997 0.904128 0.924659 0.917848

0.934895 0.909862 0.899494 0.897806 0.917786 0.893771 0.911591 0.918571 0.907301 0.878162

0.915736 0.923657 0.93536 0.883852 0.902181 0.890151 0.909351 0.902587 0.881527 0.898255

0.914412 0.928764 0.932408 0.898031 0.876379 0.899867 0.877946 0.928141 0.879937 0.918472

0.937894 0.929982 0.909554 0.897168 0.898601 0.893038 0.898427 0.919303 0.920086 0.911512

0.961238 0.928632 0.887558 0.907758 0.887082 0.906707 0.926633 0.90836 0.891275 0.942167

0.950863 0.911398 0.918718 0.884819 0.905128 0.907057 0.899578 0.914591 0.896575 0.938369
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0.134499 0.117927 0.126105 0.12031 0.11559 0.124231 0.123472 0.117575 0.113196 0.11179

0.259525 0.240527 0.21708 0.224022 0.231223 0.237241 0.213212 0.207629 0.194598 0.19163

0.354379 0.358386 0.347856 0.377049 0.361362 0.34587 0.343668 0.323273 0.322011 0.335796

0.467409 0.432537 0.461176 0.434281 0.479485 0.413661 0.454619 0.445998 0.401355 0.419575

0.546848 0.528029 0.526271 0.552305 0.515611 0.522767 0.51468 0.529565 0.491409 0.48902

0.610801 0.60143 0.598854 0.609756 0.606373 0.579832 0.552239 0.586402 0.545544 0.530482

0.666667 0.651685 0.645445 0.674973 0.671642 0.639659 0.632874 0.644764 0.609504 0.585415

0.711087 0.690678 0.707589 0.715368 0.70524 0.700883 0.659551 0.675847 0.679868 0.606466

0.718853 0.699777 0.738479 0.740999 0.750877 0.723549 0.732491 0.722543 0.702227 0.690449

0.752252 0.759342 0.77918 0.75 0.713366 0.776417 0.719493 0.746501 0.705107 0.678788

0.775773 0.787179 0.793503 0.795337 0.79085 0.801435 0.797674 0.75827 0.744681 0.72449

0.771845 0.772059 0.8 0.764228 0.759358 0.797927 0.801932 0.772277 0.803279 0.761658

0.794038 0.81016 0.829545 0.821138 0.789894 0.769802 0.779793 0.760638 0.810026 0.789731

0.811765 0.828877 0.859599 0.811047 0.847262 0.830028 0.811321 0.789873 0.793939 0.7851

0.819444 0.853026 0.81982 0.825967 0.831658 0.816619 0.854342 0.803714 0.841945 0.766382

0.83844 0.85443 0.870712 0.830946 0.840841 0.826471 0.810345 0.824242 0.797222 0.793846

0.850932 0.847095 0.822981 0.888535 0.835227 0.865574 0.848739 0.843949 0.831933 0.818731

0.824513 0.861963 0.858462 0.877622 0.859195 0.886628 0.866667 0.847619 0.835962 0.840256

0.844523 0.851964 0.86901 0.883929 0.851852 0.891641 0.852843 0.865574 0.836478 0.822785

0.876761 0.871166 0.866883 0.880734 0.888158 0.876221 0.884013 0.876712 0.880645 0.854237
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0.859329 0.910249 0.854905 0.817437 0.867672 0.850314 0.897497 0.868667 0.934171 0.885697

0.873873 0.915082 0.83132 0.856339 0.883772 0.846909 0.83614 0.892491 0.894116 0.840112

0.886465 0.904889 0.868125 0.871411 0.873844 0.871966 0.888536 0.895219 0.883364 0.882738

0.89213 0.885637 0.891026 0.87009 0.899407 0.897478 0.881387 0.905624 0.878329 0.907235

0.921588 0.915964 0.911615 0.899841 0.896087 0.885294 0.884648 0.909804 0.893514 0.90854

0.923365 0.920308 0.937167 0.9079 0.923001 0.926498 0.922783 0.908511 0.931305 0.907187

0.946381 0.918612 0.930401 0.922512 0.930905 0.896608 0.902106 0.92457 0.916631 0.930156

0.952097 0.917429 0.93215 0.931608 0.916406 0.917552 0.928932 0.92875 0.931173 0.935885

0.964184 0.947494 0.923614 0.944669 0.929115 0.935071 0.921544 0.911901 0.921329 0.920779

0.957795 0.935129 0.951445 0.946621 0.947879 0.944818 0.925292 0.928124 0.926494 0.950536

0.966455 0.952116 0.937521 0.947209 0.936276 0.944064 0.936846 0.933212 0.945429 0.971066

0.973024 0.961781 0.954704 0.954919 0.937965 0.945099 0.952502 0.917819 0.967172 0.955388

0.958151 0.967784 0.937325 0.945587 0.932931 0.927217 0.941485 0.958912 0.968471 0.948289

0.973679 0.978944 0.951697 0.946245 0.951448 0.956448 0.931849 0.956706 0.968107 0.958888

0.976127 0.965676 0.958435 0.950457 0.937327 0.942053 0.963597 0.967765 0.959893 0.955493

0.965261 0.966683 0.959659 0.937548 0.951751 0.926106 0.936883 0.958003 0.947368 0.947347

0.95062 0.952618 0.971779 0.943194 0.931939 0.942303 0.934399 0.961033 0.935091 0.9635

0.967569 0.946086 0.946122 0.934387 0.939012 0.934805 0.930946 0.963855 0.952724 0.952035

0.984527 0.968207 0.941101 0.94026 0.939801 0.955233 0.95089 0.938706 0.960502 0.987242

0.970274 0.934567 0.953867 0.93242 0.950149 0.9433 0.948032 0.943416 0.95623 0.972048
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0.062123 0.0541989 0.0512669 0.048243 0.0491998 0.0510455 0.0537897 0.0385793 0.0545455 0.053146

0.134732 0.138386 0.109642 0.115642 0.122854 0.117218 0.107948 0.0991826 0.101985 0.095815

0.236253 0.219903 0.226685 0.247869 0.234885 0.205507 0.207124 0.191147 0.190217 0.204164

0.346582 0.315343 0.327059 0.317448 0.348351 0.289332 0.323339 0.310023 0.257409 0.265554

0.440375 0.417722 0.40678 0.428191 0.416592 0.397548 0.385147 0.403478 0.350515 0.365709

0.522346 0.487042 0.494747 0.495935 0.491097 0.466853 0.448694 0.467422 0.44858 0.410373

0.574575 0.548519 0.56202 0.575298 0.58408 0.529851 0.537402 0.531828 0.503099 0.484515

0.649254 0.618644 0.618304 0.635281 0.613537 0.599338 0.570787 0.580508 0.572057 0.503902

0.649394 0.632812 0.653226 0.657375 0.665497 0.637088 0.642939 0.642775 0.617819 0.589183

0.690691 0.701046 0.722397 0.685241 0.650564 0.709035 0.630745 0.679627 0.61285 0.59697

0.693299 0.751282 0.742459 0.727979 0.736383 0.744019 0.732558 0.689567 0.659574 0.645408

0.716019 0.730392 0.730667 0.720867 0.692513 0.727979 0.71256 0.69802 0.718579 0.670984

0.750678 0.756684 0.78125 0.772358 0.734043 0.695545 0.717617 0.718085 0.725594 0.701711

0.758824 0.772727 0.805158 0.729651 0.783862 0.790368 0.733154 0.729114 0.736364 0.69341

0.777778 0.792507 0.762763 0.765193 0.771357 0.765043 0.756303 0.763926 0.772036 0.706553

0.824513 0.81962 0.817942 0.776504 0.786787 0.779412 0.744253 0.769697 0.75 0.735385

0.795031 0.795107 0.782609 0.83758 0.786932 0.832787 0.798319 0.770701 0.778711 0.767372

0.771588 0.828221 0.803077 0.842657 0.810345 0.84593 0.815873 0.793651 0.798107 0.779553

0.787986 0.81571 0.830671 0.848214 0.799383 0.848297 0.809365 0.819672 0.779874 0.781646

0.84507 0.837423 0.853896 0.834862 0.858553 0.824104 0.840125 0.828767 0.832258 0.80339

cos(ZenithAngle)
-1 -0.8 -0.6 -0.4 -0.2 0 0.2 0.4 0.6 0.8 1

N
eu

tr
in

o
 E

n
er

g
y 

/G
eV

2

4

6

8

10

12

14

16

18

20

Cut0.7Classification

0.1

0.2

0.3

0.4

0.5

0.6

0.7

0.8

Cut0.7Classification

0.917494 0.963961 1 0.895285 0.926473 0.875415 0.958818 0.929718 1 0.955309

0.919105 0.956765 0.855987 0.902584 0.907081 0.962136 0.807529 0.941054 0.962351 0.887516

0.939055 0.961111 0.907132 0.929527 0.935252 0.930964 0.940656 0.93979 0.92987 0.952651

0.943848 0.93509 0.940482 0.939741 0.94292 0.939827 0.955344 0.948286 0.917446 0.95182

0.962274 0.965089 0.945817 0.933093 0.927436 0.927836 0.957143 0.944478 0.940507 0.957933

0.969407 0.960629 0.971176 0.937359 0.955573 0.960043 0.960493 0.953796 0.964035 0.966519

0.964908 0.954651 0.962524 0.955544 0.966122 0.964232 0.942525 0.95524 0.955896 0.954243

0.978271 0.960923 0.955785 0.965773 0.959334 0.951379 0.961722 0.973426 0.967347 0.974188

0.987225 0.965199 0.947611 0.980282 0.954854 0.980292 0.960463 0.956776 0.956879 0.964086

0.984495 0.98152 0.966075 0.970769 0.976153 0.964402 0.950597 0.961612 0.966154 0.966784

0.983277 0.98616 0.975126 0.978619 0.968587 0.979204 0.950759 0.971995 0.987331 0.978939

0.988685 0.991971 0.965385 0.988496 0.971852 0.961106 0.992103 0.947266 0.983257 0.97856

0.984491 0.982405 0.979657 0.98291 0.965383 0.96614 0.974865 0.988238 0.988062 0.976922

0.9855 0.988743 0.975208 0.981075 0.972884 0.979411 0.973114 0.981227 0.988279 0.982832

0.992698 0.984781 0.978912 0.972573 0.977027 0.979644 0.975629 0.989135 0.988883 0.98465

0.988872 0.978171 0.981432 0.972897 0.981006 0.970221 0.969074 0.974595 0.971429 0.967956

0.976992 0.970249 0.992466 0.977143 0.96959 0.975617 0.974168 0.976561 0.967067 0.979684

0.992127 0.985082 0.9729 0.970539 0.958022 0.960719 0.966946 0.988022 0.969778 0.979508

0.987461 0.984723 0.977804 0.978291 0.980074 0.977629 0.971329 0.985766 0.977255 0.995454

0.987566 0.979988 0.975384 0.984111 0.971726 0.973243 0.98368 0.970913 0.975489 0.982449
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0.0150784 0.0178678 0.0117855 0.0172722 0.0171903 0.0135301 0.0158924 0.00857318 0.0170088 0.014661

0.0535616 0.0494234 0.0429752 0.0435754 0.0450644 0.0448682 0.0359828 0.0381471 0.030871 0.032489

0.136456 0.117606 0.114364 0.135082 0.129951 0.104097 0.0890501 0.0952381 0.0876359 0.083949

0.220986 0.214341 0.214902 0.205995 0.201126 0.168074 0.189627 0.183372 0.132091 0.153263

0.318569 0.29566 0.290678 0.320035 0.288136 0.285464 0.275475 0.272174 0.215636 0.233953

0.427374 0.38874 0.39446 0.383017 0.380506 0.365079 0.333955 0.356941 0.320274 0.303003

0.503504 0.452503 0.488474 0.487541 0.494527 0.439232 0.438976 0.418891 0.392562 0.38961

0.569296 0.547669 0.545759 0.550866 0.548035 0.516556 0.466292 0.481992 0.469747 0.42029

0.593164 0.564732 0.578341 0.601626 0.583626 0.579067 0.562572 0.568786 0.546307 0.494822

0.644144 0.64574 0.656151 0.615964 0.599034 0.623277 0.564184 0.581649 0.555189 0.516667

0.628866 0.717949 0.714617 0.65544 0.662309 0.655502 0.667442 0.631043 0.593381 0.558673

0.650485 0.651961 0.669333 0.674797 0.614973 0.676166 0.637681 0.628713 0.636612 0.595855

0.693767 0.703209 0.71875 0.710027 0.662234 0.655941 0.637306 0.646277 0.651715 0.647922

0.697059 0.729947 0.756447 0.671512 0.717579 0.733711 0.679245 0.663291 0.681818 0.618911

0.738889 0.729107 0.708709 0.707182 0.731156 0.707736 0.686275 0.69496 0.717325 0.649573

0.791086 0.759494 0.757256 0.722063 0.735736 0.729412 0.698276 0.706061 0.708333 0.658462

0.751553 0.737003 0.748447 0.761146 0.732955 0.793443 0.778711 0.710191 0.714286 0.700906

0.724234 0.779141 0.766154 0.77972 0.758621 0.793605 0.75873 0.736508 0.741325 0.722045

0.731449 0.767372 0.808307 0.809524 0.740741 0.801858 0.762542 0.780328 0.751572 0.737342

0.771127 0.797546 0.818182 0.788991 0.825658 0.788274 0.793103 0.780822 0.758065 0.738983
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C.2. Premium Events 95

-nan 1 1 1 1 0.489322 1 1 1 1

1 1 0.855987 1 1 1 1 1 1 1

1 0.965082 0.963226 0.980804 0.900374 1 0.962066 1 0.925005 1

0.977381 1 0.98257 0.990281 0.980967 1 1 0.975848 0.960903 0.984513

0.991953 0.974585 0.989397 0.966809 0.981637 0.97512 0.97001 0.993 0.98332 0.983386

0.996797 0.983153 0.987891 0.979845 0.992416 0.987497 0.986362 0.98184 0.994785 0.994208

0.987518 0.981564 0.983189 0.989616 0.987355 0.989941 0.994022 0.993109 0.992786 0.987694

0.995507 0.990248 0.97835 0.983572 0.972338 0.979893 0.982641 0.988653 0.993779 1

0.989419 0.98358 0.980363 0.989446 0.972864 0.995021 0.990937 0.990801 0.98645 0.997029
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96 C. Performance Plots

C.2.2 Bjorken-y Dependence
Titles are sturctured as C̈utXPurityẅhere X is the cut on the fraction of trees with the result of a
track-like event.
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98 C. Performance Plots
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C.2. Premium Events 99

1 1 0.494157 0.503454 -nan

0.989875 0.981913 0.869894 0.843697 0.701388

0.983903 0.974816 0.927748 0.877441 0.826657
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1 0.996324 0.992239 0.978691 0.746628

0.998956 0.994687 0.990036 0.975034 0.844467

Bjorken Y
0 0.1 0.2 0.3 0.4 0.5 0.6 0.7 0.8 0.9 1

N
eu

tr
in

o
 E

n
er

g
y 

/G
eV

2

4

6

8

10

12

14

16

18

20

Cut0.9Purity

0.5

0.6

0.7

0.8

0.9

1

Cut0.9Purity

0.0021939 0.00173568 0.000121595 0.00016176

0.0129857 0.00566319 0.0016835 0.000868659 0.000768344

0.0579757 0.0286262 0.0109001 0.00487692 0.00165358

0.149209 0.0710482 0.0320726 0.0124858 0.00164069

0.281825 0.151598 0.0662003 0.0204983 0.00641849

0.44138 0.237628 0.0995729 0.0387312 0.00961538

0.581291 0.356045 0.168636 0.0545388 0.0097629

0.701011 0.470686 0.232743 0.0624019 0.0177253

0.785184 0.563885 0.293496 0.0950447 0.0149024

0.827523 0.611017 0.351425 0.10317 0.0183727

0.885704 0.695272 0.428867 0.122103 0.0185792

0.904251 0.71345 0.452566 0.141798 0.0200211

0.928687 0.771396 0.510282 0.164456 0.0247845

0.939875 0.796988 0.558938 0.179512 0.0250855

0.95279 0.822466 0.601271 0.224044 0.0270588

0.965248 0.841545 0.627219 0.219124 0.0183276

0.97109 0.860528 0.682488 0.272349 0.0156627

0.978784 0.888504 0.700742 0.262994 0.0238394

0.979602 0.90825 0.727025 0.282632 0.0316857

0.985264 0.914555 0.747043 0.350437 0.0327869

Bjorken Y
0 0.1 0.2 0.3 0.4 0.5 0.6 0.7 0.8 0.9 1

N
eu

tr
in

o
 E

n
er

g
y 

/G
eV

2

4

6

8

10

12

14

16

18

20

Cut0.9Classification

0

0.1

0.2

0.3

0.4

0.5

0.6

0.7

0.8

0.9

Cut0.9Classification

-nan -nan -nan -nan -nan

1 -nan -nan -nan -nan

1 1 -nan 1 -nan

0.968331 1 1 -nan -nan

1 1 1 -nan -nan

1 1 1 1 -nan

1 0.995958 1 1 -nan
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1 1 1 1 1
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